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Preface

Monetary policy plays a central role in stabilizing inflation, mitigating business
cycle fluctuations, and responding to financial crises. Its effectiveness derives from
the broad influence of nominal interest rates on aggregate economic activity. How-
ever, different regions within a country or currency union may react differently to
the same monetary policy impulse due to regional heterogeneities. A strong form
of regional heterogeneities can be found in housing markets.

Furthermore, it is well known that expectations about asset prices, and house
prices in particular, violate the rational expectations hypothesis. Instead, a large
empirical literature has documented that asset price expectations. experience ex-

trapolative dynamics.

In this thesis, I make progress in understanding the transmission and conduct of
monetary policy in the presence of regional heterogeneities and extrapolative house
price expectations.

Chapter (1), which is joint with Hannes Twieling, shows that regional disparities
in house price growth are more pronounced during house price busts than dur-
ing booms. To explain this observation we construct a two-region currency union
model incorporating a housing sector and extrapolative belief updating regarding
house prices. To solve the model, we propose a new method that efficiently han-
dles extrapolative belief updating in a wide class of structural models. We show
that intensified extrapolation in busts and regional housing market heterogeneities
jointly explain elevated regional house price growth dispersion in busts and muted
dispersion in booms. Consistent with our theory, we provide empirical evidence
that house price belief updating is indeed more pronounced in busts and docu-

ment that regional heterogeneities on the housing supply side affect regional house
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prices. Quantitatively, our model can match the empirically observed elevated
regional house price growth dispersion in busts. Moreover, we demonstrate that
a monetary authority targeting house prices may reduce the volatility of output
and house prices, as well as regional house price growth disparities. This policy is

welfare-improving relative to an inflation-targeting benchmark.

In Chapter (2), which is joint with Hannes Twieling, we examine the interac-
tion between housing and business cycles in a tractable two-agent New Keynesian
model featuring extrapolative house price beliefs. The model includes a saver
and a hand-to-mouth borrower who uses housing as collateral. We identify four
key transmission channels from housing markets to aggregate output: consump-
tion, residential investment, collateral, and fire sales. Under rational expectations,
output volatility is limited and primarily driven by consumption. In contrast,
extrapolative beliefs significantly amplify output volatility, mainly through resi-
dential investment. Finally, we propose a novel solution approach for two-agent
models with asset trade and asset price extrapolation, which is essential for solving

models with fire sale motives.



Chapter 1

United in Booms, Divided in
Busts: Regional House Price

Cycles and Monetary Policy

Joint with Hannes Twieling.

1.1 Introduction

A substantial body of literature connects boom-bust cycles in house prices to over-
optimism and over-pessimism regarding the future evolution of house prices.! The
bust phases of these cycles are often associated with significant economic costs,
making them a primary concern for policymakers, particularly central bankers.?
However, housing markets are inherently regional, and so too are housing cycles
and the economic costs associated with them. While a substantial literature ex-
amines housing cycles and their implications for monetary policy at the federal
level, there is comparatively little focus on regional heterogeneities in house price

dynamics. This paper seeks to address this gap.

1See e.g., Armona, Fuster, and Zafar (2019), Case, Shiller, and Thompson (2012), Kaplan, Mit-
man, and Violante (2020), Kuchler and Zafar (2019), and Ma (2020)

2During the Great Financial Crises 20% of household wealth was lost (Dettling, Hsu, and Llanes,
2018), and 8 million jobs were lost (Mian and Sufi, 2015). During this time the Fed responded
by drastically cutting interest rates.



1.1. Introduction

This paper contributes to the literature in several ways. Empirically, we document
that regional disparities in house price growth are more pronounced during housing
busts than during booms. To account for this observation, we develop a two-region
currency union model that incorporates regional heterogeneity in housing markets
and extrapolative belief updating regarding house prices. To solve this model, we
propose a new method that allows us to efficiently solve structural models with
extrapolative belief updating. In our model, intensified extrapolation in busts and
regional housing market heterogeneities jointly explain cross-regional house price
growth divergences in busts.

To validate our theoretical modeling choices we turn to the data. First, we show
that households’ expectations of future house price growth are formed by extrapo-
lating on realized growth rates, with a stronger extrapolation from past to expected
rates during busts than in booms. Second, we provide evidence that cross-regional
variation in house prices is associated with structural differences in housing supply.
Using these insights, we calibrate our model to the US economy, demonstrating
that it quantitatively matches the response of aggregate house prices and its’ re-
gional dispersion in growth rates to monetary policy shocks in both booms and
busts. Finally, we illustrate that by leaning against aggregate house prices, the
monetary authority can mitigate cross-regional disparities in house prices and eco-

nomic activity, resulting in welfare improvements relative to the baseline case.

We begin by presenting our central empirical finding, namely that cross-regional
dispersion in house price growth rates are more pronounced during busts, both
unconditionally and conditionally on macroeconomic shocks. First, we document
that the cross-regional standard deviation of house price growth among major
US cities is 50%-60% larger during bust periods compared to booms.> We further
show that these patterns are also present for the US state levels and the Euro Area
at a country level. Second, conditional on monetary policy shocks, we observe a
significant and sizable increase in the cross-city standard deviations of house price

growth during busts, while the response is muted and far less significant during

3Throughout the paper, a bust period is defined as one in which house prices declined in the
previous period.



United in Booms, Divided in Busts: Regional House Price Cycles and Monetary Policy

boom periods. This result is robust regarding other types of shocks.

To rationalize the structural forces giving rise to our empirical findings, we con-
struct a two-region currency union New Keynesian model. We extend the frame-
work of Benigno (2004) by (i) incorporating a housing sector, and (ii) allowing for
subjective expectations about house prices. Housing markets are regional, and re-
gions are symmetric except for the housing supply side. In this model, households
form subjective expectations only about house prices. This assumption is moti-
vated by the central role of house prices in our framework. However, households’
expected endogenous choices, for instance expected future consumption, depend
on future house prices. Therefore, these expected endogenous choice variables are
also shaped by subjective expectations. This raises the issue of characterizing
subjective beliefs regarding these variables.

To solve this type of model, we propose a novel method, based on first-order
approximations, for solving general equilibrium models with time-consistent but
non-rational expectations, such as extrapolative asset price beliefs. Our approach
offers the advantage of restricting subjective expectations exclusively to house
prices while maintaining the rational expectations hypothesis for all other vari-
ables exogenous to agents. The ability to confine subjective expectations to spe-
cific variables allows us to model expectation formation in a data-consistent way
where data is available while adhering to the established benchmark for variables
where data is unavailable. This method further enables us to explicitly character-
ize the expectations of endogenous variables, i.e. household choices. Finally, the
first-order approximation renders our model compatible with standard solution
methods used in the DSGE literature, making it easy to handle, scale, and serve

as a basis for Ramsey-type analyses of optimal policy.*

Equipped with our model, we demonstrate analytically that regional differences in
housing markets combined with house price belief extrapolation, can account for

the asymmetry in house price growth dispersion observed across the house price

40ur solution method contrasts with that introduced by Winkler (2020), which, although based
on first-order approximation, does not confine subjective expectations to specified asset prices
and results in belief spillovers to all other prices. Conversely, Adam, Pfiuti, and Reinelt (2022)
solve a similar model using non-linear solution techniques.
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1.1. Introduction

cycle.® First, regional heterogeneity in housing markets creates regional differ-
ences in the responsiveness of house prices. Second, subjective expectations about
house prices introduce a backward-looking component through extrapolation. This
mechanism dynamically amplifies the responsiveness of house prices: when agents
observe an increase in house prices, they anticipate further price increases in the
future, leading to heightened demand for housing and, subsequently, driving prices
even higher. The interaction of these two forces generates the following dynam-
ics: regional heterogeneities in housing markets create differences in regional house
price growth rates, which are further amplified by extrapolation. This result al-
lows us to align our theoretical model with the empirically observed patterns.
Specifically, our model is capable of generating pronounced regional dispersion in
house price growth during busts, provided that extrapolation is stronger in those
periods. The intuition is straightforward: extrapolation amplifies regional dispar-
ities, so when extrapolation intensifies during busts, it results in greater regional
dispersion in house price growth, consistent with the empirical evidence.

The following example illustrates this mechanism. Suppose an expansionary mon-
etary policy shock increases housing demand. House prices rise moderately in a
region with an elastic housing supply and more strongly in a region with an inelastic
supply. Households extrapolate from these changes, expecting higher future price
growth, particularly in the inelastic region where the initial price rise was greater.
This optimism increases housing demand and further raises prices, especially in the
inelastic region. Thus, extrapolation amplifies the initial regional price differences.
This effect is more pronounced during busts, as expectations react more strongly
to observed price movements, intensifying cross-regional dispersion in house price
growth in these periods.

In a version of the model with fully rational expectations, the ability of cross-
regional differences in housing markets to produce differences in house prices in
response to a shock is much weaker. Additionally, this version lacks extrapolative
belief updating and thus cannot account for amplified cross regional heterogeneity
in busts in the absence of any additional frictions. Moreover, this model version

is generally less responsive to shocks.

5We focus on monetary policy shocks, but the general proposition extends to all shocks that affect
housing demand.
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To test our theoretical predictions we move to the data. First, we estimate the
extent to which US households’ house price expectations depend on prior expec-
tations and past house price growth, and find that the pass-through from past
house price growth to expectations is stronger during busts than during booms,
i.e. households update their beliefs more strongly during busts. Second, we inves-
tigate the response of regional house prices to a common monetary policy shock
using a panel local projections approach. Furthermore, we differentiate these re-
sponses based on regional housing supply conditions by incorporating interaction
terms. We find that in more supply-constrained regions house prices exhibit a
stronger response to a monetary policy shock. These findings are consistent with
our theoretical predictions and provide a basis for calibrating our model with re-
spect to house price belief formation and heterogeneities in housing supply.

We use the calibrated model to analyze the response of house prices relative to an
empirical counterpart. Specifically, we target the estimated aggregate house price
response to a monetary policy shock, independent of boom-bust asymmetries in
belief updating. The model accurately captures the magnitudes of aggregate house
price changes in both booms and busts when accounting for asymmetries in the
belief updating process, even though these asymmetries were not targeted. It also
successfully replicates the regional house price growth dispersion observed during
booms and busts in response to a monetary policy shock. In contrast, the rational
expectations version of the model fails to match these dynamics, underestimating
aggregate house price responses by a factor of three and generating no significant

difference in regional house prices.

Finally, we investigate the extent to which leaning against house prices influences
economic outcomes. Specifically, we assess the effects of including aggregate house
prices in the Taylor rule, compared to a baseline rule focused solely on inflation sta-
bilization in response to a productivity shock. Our findings indicate that adding an
additional coefficient targeting house prices to the Taylor rule reduces the volatility
of both output and house prices, albeit at the cost of increased inflation volatility.
Notably, a stronger response to house prices reduces the regional dispersion for

all variables. In our framework, leaning against house prices therefore has the
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1.1. Introduction

additional effect of synchronizing economic activity across regions. The underly-
ing intuition is that regional heterogeneities originate in housing markets and are
subsequently propagated throughout the economy via house prices. By targeting
house prices, the central bank reduces the extent to which house price beliefs can
diverge, thereby mitigating the channel through which regional heterogeneities in
housing markets can spill over to the real economy. We show that house price tar-
geting is beneficial under subjective expectations expressing the utilitarian welfare
as in Galf (2015).% In booms, welfare is improved by 6% relative to the inflation
targeting baseline. In busts, when belief extrapolation is stronger, we observe a

welfare gain of 25% relative to the inflation targeting baseline.

Related literature. Our paper relates to a broad empirical literature empha-
sizing that house price beliefs are not formed according to rational expectations.”
This literature highlights momentum and revisions in the belief formation of house
prices. On the theoretical side, we connect to the behavioral macro-finance litera-
ture, which focuses on deviations from rational expectations in terms of asset price
expectations.® More specifically, our paper relates to the literature on capital gains
extrapolation.’ Regarding house prices Glaeser and Nathanson (2017) and Schmitt
and Westerhoff (2019) model house price expectations through certain forms of ex-
trapolation in a partial equilibrium environment. In contrast, we focus on a general
equilibrium New Keynesian environment, which is most closely related to Adam,
Kuang, and Marcet (2012), Caines and Winkler (2021), and Adam, Pfauti, and
Reinelt (2022). Other studies, such as Burnside, Eichenbaum, and Rebelo (2016),
Guren (2018), and Kaplan, Mitman, and Violante (2020), explain house price be-
havior through optimism and pessimism, concave demand curves faced by sellers

in the housing market, or exogenous shifts in house price beliefs. Our contribution

6Specifically, the welfare loss is expressed in terms of the equivalent permanent consumption
decline, measured as a fraction of steady state consumption.

"See, for 1nstance Armona, Fuster, and Zafar (2019), Case, Shiller, and Thompson (2012), Kuchler
and Zafar (20 ) and Ma (2020).

8 Among others see: Barberis (2018), Bianchi, Ilut, and Saijo (2024), Bordalo, Gennaioli, and
Shleifer (201 ) Caballero and Simsek (2019, 2( )2() Krishnamurthy and Li (2020), L’Huillier,
Singh, and Yoo (2023), and Maxted (2024).

9 Adam, Marcet, and Beutel (2017) and Winkler (2020) examine asset price learning in the con-
text of stock markets Fontanier (2022) and Farhi and Werning (2020) focus on asset price
extrapolation more generally.

13



United in Booms, Divided in Busts: Regional House Price Cycles and Monetary Policy

to this body of literature lies in emphasizing the asymmetric evolution of asset
price beliefs during boom and bust episodes. Additionally, we introduce a new

solution method for models incorporating capital gains extrapolation.

We also contribute to the literature examining regional housing supply variations
in the United States. Studies by Mian, Rao, and Sufi (2013), Mian and Sufi
(2014), and Guren, McKay, Nakamura, and Steinsson (2021) leverage housing
supply elasticities to explore the housing wealth effect. Our work is closely related
to the studies by Aastveit and Anundsen (2022) and Aastveit, Albuquerque, and
Anundsen (2023), which demonstrate that house prices in US metropolitan areas
with more inelastic housing supply exhibit greater responsiveness to monetary pol-
icy shocks. We focus on the state level instead. Furthermore, we show that similar
patterns can be observed in the Euro Area. While the aforementioned studies
are primarily empirical, our contribution lies in providing theoretical insights to
interpret our empirical findings. We also connect to Glaeser, Gyourko, and Saiz
(2008), who show both theoretically and empirically that more supply-inelastic re-
gions have a higher probability of experiencing a house price bubble. In contrast to
their approach, we highlight asymmetries in house price belief formation, construct

a general equilibrium New Keynesian model, and focus on monetary policy.

We focus on a setup involving multiple regions governed by a single monetary
authority, thereby connecting to the literature on cross-regional heterogeneities
in currency unions. Studies by Benigno (2004), Gali and Monacelli (2008), and
Kekre (2022) examine optimal policy in a currency union setting. Additionally,
Calza, Monacelli, and Stracca (2013), Slacalek, Tristani, and Violante (2020),
Bletzinger and Thadden (2021), Pica (2021), Almgren, Gallegos, Kramer, and
Lima (2022), and Corsetti, Duarte, and Mann (2022) explore various sources of
heterogeneity within currency unions and their effects on economic activity. In
this strand of literature, cross-regional heterogeneities include variations in price
and wage setting, the share of hand-to-mouth consumers, and mortgage market
dynamics. For the US, Beraja, Hurst, and Ospina (2019), Chen (2019), and Gitti
(2024) focus on regional differences in wage and price setting, exposure to fiscal
policy shocks, housing markets, and migration. To our knowledge, we are the first
to study supply-side housing constraints and connect these to asymmetries in the

formation of house price beliefs.
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1.2. Regional house prices in booms and busts

Finally, we connect to the literature on leaning against asset prices. Stein (2012)
argues that leaning against the wind can address externalities arising from over-
borrowing. Svensson (2017) argues that the costs of these policies outweigh their
benefits, while Weidmann (2018) points out that macroprudential policies are bet-
ter suited to address these concerns. Gourio, Kashyap, and Sim (2018) quantita-
tively outlines a trade-off between a lower crisis probability and increased cyclical
inflation and output dynamics. However, once rational expectations are aban-
doned, leaning against the wind generally becomes beneficial (Adam and Wood-
ford, 2021; Caines and Winkler, 2021). This holds true even if macroprudential
tools are fully (Fontanier, 2022) or at least partially available (Caballero and Sim-
sek, 2019). Our paper contributes to this literature by emphasizing that targeting
asset prices can also mitigate regional dispersion and thus help harmonize an eco-

nomically integrated area. To our knowledge, we are the first to make this point.

Outline. The rest of this paper is organized as follows. In Section (1.2), we
document our main empirical observation: regional house price growth is more
dispersed in busts than in booms. Section (1.3) outlines our theoretical model and
describes our solution method. In Section (1.4) we analytically show how extrap-
olation on house price growth and housing market heterogeneity can explain our
main empirical observation. Section (1.5) provides evidence of stronger extrapola-
tion in busts, housing markets supply side heterogeneity, and describes the model
calibration. Section (1.6) presents our quantitative results. Finally, Section (1.7)

contains the policy exercise. Section (1.8) concludes.

1.2 Regional house prices in booms and busts

House prices experience large regional differences. This is in particular the case in
times of house price busts. Figure (1.1) illustrates the house price index for New
York and Las Vegas, with the shaded red areas indicating periods of house price
busts. For the purposes of analysis, housing booms are defined as periods in which

federal house price growth is positive (Agi?? > 0), while busts are characterized

15



United in Booms, Divided in Busts: Regional House Price Cycles and Monetary Policy

by negative growth (Ag/? < 0).19

The figure reveals that house prices tend to move in tandem during boom periods;
however, during busts, significant divergences emerge. In particular, house prices
in Las Vegas experienced a sharp decline during the Great Recession. By contrast,
while house prices in New York also declined, the reduction was far less severe.
Importantly, the observed divergence in house price growth during busts cannot
be attributed solely to economic recessions. For instance, there was minimal di-
vergence during the Dotcom bubble and the COVID-19 crisis, both of which were

periods marked by overall positive federal house price growth.

Figure 1.1: Regional house prices in booms and busts

New York
Las Vegas House price bust

300 |-

Recession

DO
[N
(=}

House price Index
— %)
[N (=
o o

100 ¢

50 ‘ ‘ ‘ ‘ ‘ ‘
1990 1995 2000 2005 2010 2015 2020
Year

Notes: Case-Shiller house price index for New York and Las Vegas.

Cross-regional house price variation, unconditional. To further investi-
gate and generalize this pattern, we extend the analysis to regional house price
growth data on different levels. We utilize regional house price growth data, specif-
ically at the major city or state level for the United States. For each point in time,
we compute the cross-regional standard deviation of house price growth rates.
We then split the sample into boom and bust episodes, where these episodes are
defined based on the aggregate house price growth of the economic entity. Our

preferred specification is based on US major cities in the cross-section.!! The data

0House price growth rates on the aggregate/federal level (Agy??) are based on the Case-Shiller
Index.

1We use the Case-Shiller house price index on the city level. The cities include 20 major US
cities: Atlanta, Boston, Charlotte, Chicago, Cleveland, Dallas, Denver, Detroit, Las Vegas, Los

16



1.2. Regional house prices in booms and busts

is given in monthly frequency and therefore allows for sufficient observations in
booms and busts. On the US state level, we use quarterly data. Our sample in-
cludes all states except Alaska and Hawaii but includes the District of Columbia.
Both US data sets span from 1990 until 2024. Table (1.1) reports the mean and

median cross-regional standard deviations.

Table 1.1: Cross-regional house price growth standard deviation (o.) in booms
and busts

US,cities US, states

mean median mean  median
S 1.60 1.64 1.23  1.26
o.: Boom 0.47 0.41 0.87 0.80
oc: Bust 0.74 0.67 1.08 1.01
p—Val. Bust > Boom 0.000 0.000 0.007 0.007
Number regions 20 51
Obs. boom 331 109
Obs. bust 82 28
Sample 1990M1 —2024M5 1990Q1 —2024Q1

Notes: The Table reports the mean and median, across time, of the estimates of
cross-sectional standard deviations of house price growth rates within the given economic

entity. The test for Bust > Boom is based on a one-sided t-test.

Our findings indicate that the cross-regional standard deviations during busts are
larger for both the mean and median estimates than those observed during booms.
Specifically, cross-regional standard deviations during busts are 60% larger than
booms if one considers the monthly US city data. The ratio decreases to 23% —30%
for the US states. We find that a t-test rejects the Hy hypothesis of regional
standard deviations being larger in booms for both regional specifications. Table
(1.C.1) in the Appendix shows that the same holds for the Euro Area on country

level.

Cross-regional house price variation, conditional. While the previous anal-

ysis focused on unconditional variations in house price growth during booms and

Angeles, Miami, Minneapolis, New York, Phoenix, Portland, San Diego, San Francisco, Seattle,
Tampa, Washington DC.

17
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busts, we now move to a conditional approach. Using local projections, we esti-
mate the response of the cross-regional standard deviation of house price growth
to a monetary policy shock (MP). We utilize city-level data due to its sufficiently
large time series dimension. Equation (1.1) depicts the estimation equation. The
left-hand-side variable (y;15,) denotes the three month moving average of of the
cross-regional standard deviation of house price growth at horizon h after the
impact of the shock. o denotes constant. The monetary policy shock, ngp ,
is the high frequency identified and orthogonalized shock from Bauer and Swan-
son (2023). The monetary policy shock further conditions on times of booms
(Ag%Y > 0) and busts (Ag%] < 0). We adopt this approach because monetary
policy shocks are relatively small and do not influence the economy’s transition
between boom and bust phases.!? We use the absolute values of the shocks, as the
cross-regional dispersion should be more responsive in busts independent of the
sign of the shock. The controls, xy, contain 12 lags of the left-hand side variable,
the log of the house price index on a federal level, log of industrial production, the
log of CPI, the FFR, and the shocks. The sample runs from 1990 to 2019.

Yoo = "+ LAY > 0) x B1]eMP| + 1(AGH9T < 0) X Bo|eMP | + 2y +upyn, (1.1)

Figure (1.2) presents the results. We see no significant change of cross-regional
standard deviations in booms, see panel (a). In times of busts, panel (b), we find
that a monetary policy shock leads to a significant increase in cross-regional house
price growth variation over the first two years. Hence, conditional on monetary
policy shocks, regional house price growth is more dispersed in busts relative to

booms. This result aligns with our unconditional exercise presented above.

12Regressing house price growth on the aggregate level, for the current period and various leads,
on the monetary policy shock reveals that the R? is never above 0.0007 across various leads.
This emphasizes that these shocks do not drive the cycle.
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1.2. Regional house prices in booms and busts

Figure 1.2: City-level std. house price growth response to MP shock, boom-bust

(a) Ag—1 >0 (b) Agi—1 <0

0.1 : : : 0.1

0.05 -

-0.05
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0.1 ‘ ‘ ‘ 0.1 ‘ ‘ ‘
0 6 12 18 24 0 6 12 18 24

Month Month

Notes: Responses to MP shock (1 std, absolute value) ; Confidence Intervals: 68% and 95%
(Newey-West). The lhs variable is the 3 month moving average of the cross-city std. of house
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Robustness. Figure (1.1) raises the question of whether house price booms and
busts are simply expansions and recessions if we consider all major US cities in
our sample. Figure (1.C.1) shows that this is not the case. It plots the cross-city
three-month moving average of house price growth. In particular, it shows that the
standard deviations was already elevated before and remained elevated after the
Great Recession. We further observe an increase in the standard deviation after
COVID around 2022-2023. This period is associated with a house price bust, but
no Recession. Further, we observe that the dotcom and the COVID recession
were not associated with house price busts and did not experience elevated cross-
regional heterogeneity in house price growth. Therefore, house price busts and
Recessions seem not to be perfectly correlated.

We also study the response of regional house price growth dispersion to a main
business cycle shock constructed by Angeletos, Collard, and Dellas (2020). The
shock is given in quarterly frequency and we therefore move to state-level data
to extend our cross-section. The main idea is that the main business cycle shock

should be strong enough to affect the house price cycle.'® Consequently, we study

I3Regressing the house price growth on the shock gives an R? of 0.1, meaning that this shock can
explain a non-trivial part of the variation in house price growth.
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the response of the cross-state standard deviation of house price growth to an
expansionary main business cycle shock. We observe that this shock indeed reduces
house price growth heterogeneities, see Figure (1.C.2). As a sanity check, we also
report the response of house price growth to the shock and observe that it is

increasing. Our results are therefore in line with the findings reported above.

1.3 Model

With these empirical impressions in mind, we now describe our two-region cur-
rency union model, inspired by Benigno (2004), which we shall use to connect
our empirical evidence and to conduct policy experiments. A notable difference
between our model and Benigno’s is the incorporation of incomplete bond markets
across regions, instead of having perfect consumption insurance. In addition, we
incorporate a housing sector into the model, introducing two critical elements.
First, we account for subjective expectations in the formation of house prices.
Previous research has demonstrated that house price expectations deviate from
rational expectations and play a crucial role in explaining boom-bust dynamics in
the housing market.!* In our model, subjective expectations are applied exclusively
to house prices, as the primary focus of this study is on housing market dynamics.
Furthermore, the availability of forecast data is limited to a select number of
variables, making it feasible to incorporate subjective expectations only for house
prices, where empirical data can effectively inform the model.

Second, we allow for regional differences in housing markets. We differentiate
between a "home" region and a "foreign" region, with all foreign region variables
denoted by an asterisk. The only difference between regions is on the housing
supply side. The distinction between regions is the time required to construct
houses, referred to as "time-to-build." This parameter enables us to model supply-
side heterogeneities in a tractable manner." Below we will also briefly discuss how

housing demand side heterogeneities may be modeled.

14Gee, for example, Armona, Fuster, and Zafar (2019), Case, Shiller, and Thompson (2012), Kuchler
and Zafar (2019), and Ma (2020).

15Tn the empirical analysis below we will be more precise on why time-to-build seems a reasonable
approximation for supply-side differences from an empirical point of view.
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1.3.1 The Economy

Households. A representative domestic household derives utility from consum-
ing domestic and foreign varieties, leisure, and housing. The preferences are as

follows:

1+

00 -0 1—v
h
t=0

1—0 1—v 1+¢

1
ct = [)\Cc}q_’f +(1- /\)gcﬁg} 1=

e—1 e—1

ene=a[[en) @] eni= - [[fen) T ]

where ]EZ)) denotes the subjective expectations operator discussed below. §;, j €
{¢,h,a,x,i}, denote model-exogenous shock terms, h; and n; denote housing and
hours worked respectively. v € (0,1) denotes the measure of households in the home
economy. Following Benigno (2004), ~ is simultaneously the economic size of the
home region, i.e. the mass of variety-producing firms. ¢; denotes consumption
of the domestic basket that is assembled from the home-good and the foreign-
good which in turn are CES-aggregates of two groups of varieties. A preference
bias for goods produced in the respective region of residence (“home bias”) arises
if \,1—\*# ~.16 The slope of the housing demand curve is governed by the
parameter v. Regional differences on the housing demand side may be modeled
by allowing for regional differences in v.

The household budget constraint is then given by:

Py 4
Py

wing + (L +7)be + g - H(wp—7,80) — Tt + ¢ + by

Ct —i—qt(ht — (1 — 5)ht_1) —|—bt+1 -+

Tt =

The budget constraint is expressed in units of the region-H final consumption
basket, c. ¥ are profits from all domestic firms, which are owned evenly by all

domestic households, wy is the real wage, T} are government lump-sum taxes, and

16Throughout the paper we maintain the assumptions that (i) the degree of home bias is symmetric:
(1 —=A) = (1—~)(1—=A*), and (ii) the bias is such that households favor domestically produced
products, A > ~.
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b; is a one-period nominal zero-coupon bond that is traded union-wide. ¢; denotes
the real house price and z; is the number of domestic consumption units dedicated
to the production of new housing units.

To invest into housing production, households need to purchase domestically pro-
duced goods and transform them into housing investment units. Housing pro-
duction is defined as H(xi—r,&p 1) = Sx,tx?%,n € (0,1). 7 denotes the number of
quarters it takes to construct new housing units. Housing investment done in pe-
riod t will therefore lead to a return in period ¢+ 7. Regional heterogeneities on
the housing supply side are modeled by allowing for cross-regional differences in
time-to-build (7).

In the steady state we will calibrate the steady state values for &,.&; 8.6 s.t.
bss = b5, = 0. Hence, in the steady state, there are no net debtor and net creditor
regions. This ensures that the only form of regional heterogeneity is situated on
the housing side.

It is convenient to express the bond holdings in units of region H’s final basket.
The real interest rate r; is taken as given by households and is determined in
equilibrium by the following Fisher-type equation: The value of bond holdings in

units of numéraire is By = P; - b; and the nominal bond pays #;—1 — 1b; units of

currency as interest.!” The real interest rate is thus given by
1+id1—b
Lr = +ip—1 — Pby
14+

where 7 := P;/P,_1 —1. Finally, b; := (371 —1) (7—1— (1-7) Iljfj ) (1+7)"'b, taken

as exogenous by the household, captures payment streams between H and F' that

guarantee that households are content with holding no bonds in the non-stochastic

steady state with zero inflation and real exchange rate parity.'®

I"The nominal interest rate is elastic in the aggregate holdings of bonds by domestic households.
We follow Schmitt-Grohe and Uribe (2003) to ensure stationarity of the first-order dynamics. In
Appendix 1.A we provide a simple micro-foundation for debt-elastic interest rates.

18Given that bond holding entails a real cost in equilibrium, see footnote 17, introducing the
payments by is a way to ensure that there are no bond holding costs in the non-stochastic steady
state with zero inflation and real exchange rate parity (i.e. 1+m =147/ =147 =147 =
Py ¢
Pry
monopolistic competition distortion. b; may be interpreted as the real interest rate paid by
a non-markeTable nominal consol, that perpetually pays the nominal rate (87! —1)(y+ (1 —

=1). This ensures that this steady state is efficient, given that fiscal policy undoes the
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Subjective expectations house price setup. As is standard in the literature
on capital gain extrapolation (e.g. Adam and Marcet, 2011; Adam, Marcet, and
Beutel, 2017), households are endowed with a set of beliefs in the form of a proba-
bility measure over the full sequence of variables that they take as given, henceforth
external variables: (&, r¢,wi, 3¢, Ty, b¢, 7, (Pr ¢/ Prt), qt)e>0. This measure we de-
note as P. Rational expectations are a special case of this setup in the form that
households’ beliefs agree with the objective, or equivalently “true” or “equilibrium-
implied”, distribution of external variables, P =P. Although households may hold
expectations that are generally inconsistent with the equilibrium-implied (condi-
tional) distribution of external variables, it is worth emphasizing that first they
have a time-consistent set of beliefs, and second they behave optimally given their
beliefs. That is, households are internally rational in the sense of Adam and
Marcet (2011). Moreover, the fact that all households are identical in beliefs and
preferences is not common knowledge among agents so households cannot discover
the misspecification of their beliefs, P # P, by eductively reasoning through the
structure of the economy. Given the observed path of external variables up to
period t, households then use this information and P to form a conditional expec-
tation over the continuation sequence of external variables, which we denote as

]Ef We denote the conditional rational expectations operator as usual by E;.

We assume that agents have rational expectations with respect to all external

variables, except for house prices, ¢;+s.'° Households entertain the idea that house

)P} 1 /Pi—1) and of which the household is endowed with b units. The endowments of these
consols ensure that nominal payments balance, i.e. yb+ (1 —~)b* =0, see Appendix 1.A. Since
we will linearize the model around a steady state with zero bond holding, b; will be zero in
equilibrium.

Y¥ormally, P :=P_,®P,, where P_, is the objective measure over sequences of external variables
without house prices, Py is the measure over sequences of house prices implied by the described
perceived model of house prices, and ® is the product measure. Since we are interested in a first-
order solution to the model, it does not matter what households perceive to be the dependence
structure between house prices and the other external variables.
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prices follow a simple state-space model:

In #L _yy miy1 +1Inesq
qt
lnth = anmt—FlHUtJrl, S (07 1) (12)

2.0
(lnet lnvt)/w./\f<(—"23 —ﬁ),(i) 03>)

Hence, agents perceive house price growth rates as the sum of a transitory and a
persistent component. Crucially, Ine; and Invy are not observable to the agents,
rendering Inm; unobservable. Agents apply the optimal Bayesian filter, i.e. the
Kalman filter, to arrive at the observable system.?"

Lemma 1 (House price belief updating). Applying the Kalman filter to the state-

space model and log-linearizing around the non-stochastic steady state gives:

P o 1—0" =
Ef Girs =ar+ 1—o omy (1.3)
My = (0 — g)my—1+ gAG—1 (1.4)
2 2
where Inmy 1= Ef(lnmt) is the posterior mean, g = % s the steady state

Kalman filter gain, o? = %[—05 +\/ok+40202] is the steady state Kalman filter

uncertainty, and Inéy is perceived to be a white noise process.

Proof. See Appendix (2.A) for the application of the Kalman filter. Log-linearization
around the steady state gives the result. O]

Variables denoted with a "~" express the respective variables in percent deviations
from its’ steady state value. Equation (2.5) shows that future house price beliefs
depend on the current house price and today’s beliefs. As g € (0,1), the weight on
the beliefs increases in the forecast horizon. Current house prices translate one-
to-one into house price expectations. Hence, today’s house price is extrapolated
into the future. Turning to the belief updating Equation (2.5), we see that beliefs

have an autoregressive component and are updated according to past observed

20We assume agents’ prior variance equals the steady state Kalman variance.
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house price changes. House price updating is increasing in the Kalman gain, g,

and decreasing in the persistence of the beliefs o.

Asymmetry in house price beliefs. For our analysis, we may also consider
time variation in the house price updating process. Specifically, we allow for het-
erogeneities in the persistence of beliefs (9) and the Kalman gain (g) below and
above a certain threshold w. Variations in the persistence of the belief process
can be micro-founded by assuming that agents hold different perceptions of belief
persistence (o", ¢'). Differential Kalman gains can be modeled by allowing the
relative variances of the transitory components ((02)2,(c%)?) and the persistent
components ((1)2,(c1)?) to differ above and below the threshold. Augmenting
the house price belief model (2.4) by incorporating differential belief updating
above and below the threshold w, and proceeding analogously to the derivation in

Lemma (3), yields a threshold version of the belief updating model:

Ef g1 =1 (Aﬁt—1 > @) {be + Qh/fﬁt} +1 (A@f—l < @) {Qt + Ql;ﬁt} (1.5)

%t =1 (A@—l > @) {(Qh - gh>7/7;1\t—1 +ghACYt—1} +
1 (A@—l < @) [(Ql —ghymq +glACYt—1] (1.6)

This threshold framework captures distinct dynamics in belief adjustments, con-
ditional on whether the extrapolation parameter lies above or below the critical
value w. Consequently, agents update their beliefs asymmetrically across housing
market regimes, reflecting heterogeneity in their responses to house price fluctua-
tions. This extension provides a more nuanced representation of belief formation,

particularly under varying market conditions.

Firms and price setting. We assume a continuum of monopolistically compet-
itive firms that produce intermediate good varieties and have the same beliefs as
households. Firm beliefs, however, concern only variables over which households

have rational expectations. Therefore, firms are rational. Firm j buys labor n(j)

25



United in Booms, Divided in Busts: Regional House Price Cycles and Monetary Policy

from the representative labor packer and produces the variety y:(j) with a linear
technology where labor is the only production factor. The variety is bought by
households from both regions. The firm sets its retail price Py 4(j) and maximizes
the expected discounted stream of profits, subject to Rotemberg-type adjustment

costs. Formally the firm solves:

max EPS 82 | P (1)yina () — (1= 7O Wing(7) — P (89 _yy2,
Pu.(i) = P 2" Pyy1(j)
. . P . —€
with i) = ()
H.,t

with yg () = Eatne(f). At =g,/ ug o denotes the stochastic discount factor and 7t
is a wage subsidy paid by the government. It is selected such that the monopolistic
competition distortion is offset in the non-stochastic steady state. The subsidy is
financed through a lump-sum tax on the firm. In symmetric equilibrium, all firms
choose the same price, Py ((j) = Pr+Vj. The solution of the firm problem results

in a standard currency union version of the Phillips-Curve.

Monetary authority. The monetary authority sets the nominal interest rates
according to a standard Taylor rule targeting currency union consumer price in-

flation:
1

i = —

B

Currency union inflation is the average of region-level consumer price inflation,
weighted by the country size: TI¢% = (1) (IT})* 7.

(157" &4 (1.7)

Market clearing. To achieve goods market clearing, each goods market for a
variety j must clear. Additionally, labor and housing markets must clear within
each region. Finally, the balance-of-payments equations must hold. Aggregation

and the specific market clearing conditions are relegated to Appendix (1.B.3).

Equilibrium. We adopt the equilibrium concept of Internally Rational Expec-
tations Equilibrium, as defined in Adam and Marcet (2011):
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Definition 1 (Internally Rational Expectations Equilibrium). An IREE consists
of three bounded stochastic processes: shocks (&t)i>0, allocations ([cmt(7)]jef0,)s
[kt (7)) €(0,1), 01, 0F s P by T, @ gm0 and prrices (we,wi', g, 47 it
[Pri(5)]je0,1) [Pre(57)]+€(0,1))t=0, such that in all t

1. households choose [cp (j)]jep0,1): [ (5] j=€(0,1), 0t 0 hay B s e, 27 mg, i op-
timally, given their beliefs P,

2. firms choose ([Ppt(j)lje0,1), [PFt(i*)]j+ej01))t=0 optimally, given their be-
liefs P,

3. the monetary authority acts according to the Taylor rule (1.7),

4. markets for consumption good varieties, hours, and housing clear given the

prices, and the balance-of-payments Equation holds.

Appendix (1.B.4) contains (i) a proof that Walras’ law holds for our economy
and (ii) the derivation of the Balance-of-Payments condition. Appendix (1.B.5)

presents the system of equations that characterizes the IREE.

1.3.2 Solution method

We solve our model to first order around a non-stochastic and efficient steady state.
This preserves analytic tractability at many points in the model and allows us to
derive results on household behavior under capital gain extrapolation in closed
form. The model presented in Section (1.3.1) admits a unique non-stochastic

steady state with zero net inflation and parity of the terms of trade:

Lemma 2 (Non-stochastic steady state). Consider the model economy presented
in Section (1.3.1). As the variance of shocks (actual or perceived) fades, Var||&|] —
0,& = (Sa,t,éqt,§h7t,§x,t,§i7t,et,vt)T, there exists one and only one steady state in
which net inflation is zero, Ty ss = TFss = Tss = Tag = 0, and in which the terms

of trade are at parity, sss = 1.

Proof. See Appendix (1.B.6). O
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Linearizing models with capital gain extrapolation is not straightforward. In fact,
to the best of our knowledge, we are the first to provide a first-order approximation
to a model with capital gain extrapolation under the assumption that agents hold
rational expectations outside of the asset pricing block.2! The entire exposition
focuses on the typical linearized household problem in region H with all derivations
being analogous for the typical household in region F.2? For expositional clarity,
we omit the specification that housing investment occurs in domestically produced
goods. This simplification does not affect the fundamental logic of our solution
method.

External and internal variables. Standard first-order solution techniques for
models with rational expectations rely on a recursive representation of the equilib-
rium conditions. For instance, the inter-temporal consumption decision is captured

by the forward recursion, the Euler equation:

N N 1.
¢t = EiCry1 — gEtTH—L

Under subjective expectations an equivalent formulation exists:

. . I p.
Ct = ]Echl — ;EZDTH_L

At this point, it is important to note that first, we can characterize external vari-
ables for which households have distorted expectations. In our case this is only the
house price, Ef(}\tﬂ, for which we have derived a subjective expectation model.

Second, for all other external variables, for which households have rational ex-

21Winkler (2020) proposes the “conditionally model-consistent expectations” (CMCE) concept as
a starting point for linearizing models with capital gain extrapolation. Under CMCE, however,
beliefs over all external variables are distorted relative to rational expectations. In our approach,
linearized decision rules may be obtained under the assumption that belief distortions apply
only to asset prices, allowing to confine the deviations from rational expectations to exactly
those variables where survey data allows to discipline the expectations-modeling choices.

22For any variable vary ¢ {bs,b, %, 25} define vary := YEHLYAss ~ Invary — Invarg to first order.
SS

For by, (analogously for bF,3}) define var; := Vart_igvar“, which allows for the case that vargs =

0. (That is, we scale deviations in bond holdings and profits by GDP.) Note furthermore that
14+rp1 ~In(l+7r41) —In(147rss) ~ 741 +1n 5. We abuse notation slightly and write 7 instead
of 1/\—&—7"
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pectations, we can formulate all equilibrium conditions recursively in the usual
manner. In this case, the equilibrium-implied distribution measure applies and
we can drop P from the expectations operator. The difficulty arises concerning
expectations of household choices or internal variables, in our case Ef@Hs. These
variables depend on external variables over which households hold subjective and
rational expectations. In this case, we need to determine the subjective expec-
tations distribution of ¢ 1.2®> Our solution method allows us to determine these
variables in closed form. We provide a detailed derivation in Appendix (1.B.7),

and concentrate here on conveying the intuition of our solution approach.?*

Characterizing subjective expectations over internal variables. In solv-
ing for the subjectively optimal consumption plan we exploit two key insights into
how households behave to first-order that are valid irrespective of which set of
beliefs they hold.?® First, there is only one inter-temporal trade-off, namely in
consumption, c. Given a path for consumption, the first-order conditions for hous-
ing, hours worked, and housing investment uniquely pin down a mapping from
external variables to decisions for these internal variables. This insight allows us
to concentrate on finding the optimal path for consumption.

The second insight is that to first-order, the permanent income hypothesis holds
and consumption depends only on the path of real interest rates, an external
variable, and the subjectively expected lifetime income. By iterating forward the

Euler Equation we receive

" 1 . "
Ct = —— ZEtrt—l—s—i—l —I—Efcoo (18)
s>0

where we defined ]EfEOO = limg a0 EfEHS. This shows that the only subjective

23The reason is that households have distorted expectations over at least one price sequence and
therefore will make distorted choices; in particular they plan to make choices in the future that
are inconsistent with what these choices will be in equilibrium. If we ignored this, i.e. exchanged
Ef@+s for E4Cy4s in the forward iteration above, the computed equilibrium would be different
from the IREE in Definition 2.

24For tractability, we set habit formation, h, to zero and we assume that housing investment is
made out of the aggregate consumption goods bundle ¢; instead of only locally produced goods.
Relaxing these assumptions does not affect our methodological approach.

25In particular, our solution method can be used to solve RE models.
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expectation variable to remain is E ¢y,.%6

At this point the question arises whether this term is merely a technical artifact
originating from our methodological approach, or if it possesses intrinsic economic
meaning. For expositional purposes it is informative to consider a transitory shock
to the model. Suppose that the shock raises house prices, which leads households
to believe that house prices will rise further. Consequently, they believe that they
will be wealthier in the future, leading to an increase in their current and planned
future consumption. This expectation is reflected in the limit by an increase in
EF ¢, thereby capturing a subjective expectations wealth effect. In essence, due
to extrapolation, households believe they will be richer than they actually will be.
Under rational expectations, this term also exists. However, households recognize
that the shock is purely transitory and will not influence their long-term wealth.

Therefore, the wealth effect under rational expectations is always zero.

Characterizing the subjective expectations wealth effect. We will now
focus on deriving an analytical expression for the subjective expectations wealth
effect, EF ¢,.. Using the insights from above, the household’s first-order conditions
are given by the equations in (1.9). (For expositional brevity we have dropped the

exogenous shocks and set time-to-build to zero.)

Rational Expectations Subjective Expectations
G = =13 50BiPryss1+Eiloo G =—13 50Bifryss1 +El 0
I ~ _ Ama 1 qt—BEq: > ~  amPa 1 2—BE g
he = 5077 (@ = BEiCrt1) — S ’f_tgqt“ he = ST (@ — BE G 1) — & 1_tht+1
(Pﬁt"i_o'et:ﬂ}t (,O’;\lt-i‘O'/C\t:ﬁ}t
at = (1-n)z a = (1-n)z
(1.9)

where 8 := (1 —0) and E;C» = 0 as explained above. From this representation it be-
comes clear, that the difference between subjective expectations and rational expec-
tations lies in the measure P expectations with respect to next periods consumption
and house prices, and the existence of the subjective expectations wealth effect, Efa)o.

Subjective expectations with respect to house prices are easy to characterize, as these

26We have directly used the fact that households have rational expectations over external variables
other than house prices, EF vary 1 = Eyvary ;1 for any variable var;1 # g1
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are pinned down by the subjective expectations model. Further note, that subjective
expectations on next periods consumption can be characterized by leading the Euler
Equation (1.8) one period, once we have a representation for the subjective expectations
wealth effect. Therefore, in order to solve the subjective expectations model, it suffices
to find a representation for the subjective expectations wealth effect. We find this char-
acterization by combining the first-order conditions with the linearized household budget
constraint, (BC) in Appendix-equation (1.27). After iterating over this equation, we can

find a closed form expression for the subjective expectations wealth effect.

Proposition 1 (subjective expectations wealth effect). To first-order around the non-

stochastic steady state the subjective expectations wealth effect, Efﬁoo, is given by:

. . ~ 1-8[& . -
El ¢ = Q/0 - [G: + My +C%J > B"Edzf 0}t + b, (1.10)
—_—— Css ﬁ n—1

=At,1

=A¢2

where Q,C € (0,1), M > 0 are defined below equation (1.33), and z{,,, is a function of
external variables the household has rational expectations about and is specifically stated
in Appendiz 1.B.7.

Proof. See Appendix (1.B.7). O

The notation “ss” in the subscript of a variable, denotes its’ steady state values. Equation
(1.10) shows that the subjective expectations wealth effect consists of three parts. First,
variables for which the household has subjective expectations, A; 1. In our case this is
only the house price, §;, and posterior beliefs about house prices, m;. Second, it depends
on the expectations of all variables the household has rational expectations about, Ay,
which are collected in zf,,,. Third, it depends on today’s bond choices /l;tJrl. Intuitively,
households evaluate the wealth effect under subjective expectations by applying the
permanent income hypothesis. In doing so they account for their future decisions by
using their first-order conditions resulting in a function that depends only on prices and
today’s saving choices. This formulation elucidates the previously discussed intuition
regarding the role of subjective expectations in wealth effects. Specifically, an increase
in house prices (g;) or in beliefs about future house prices (my) leads to a rise in Ef ¢,
given that Q,M > 0. Agents, anticipating higher wealth as a result of these changes,
adjust their expectations accordingly and expect an increase in consumption in the long

run.
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Discussion. Our method has two important advantages over previous approaches
to solving asset price learning models. First, we solve the model using a first-order
approximation which makes it fast to solve, easily scalable, and amenable to the analysis
of Ramsey-optimal policies. The literature has previously relied on non-linear solution
techniques (Adam, Marcet, and Beutel, 2017), or hybrid techniques (Adam, Pfauti, and
Reinelt, 2022) to solve these models. Hence, solution procedures are much more involved
and limits the complexity of models that numerically can be solved. Second, our solution
method confines subjective expectations to house prices. A previously developed method
by Winkler (2020) and Caines and Winkler (2021), which also relies on perturbation,
assumes household expectations to conform with the concept of conditionally model-
consistent expectations. Under this concept, subjective expectations about one variable
lead to spillovers to expectations about other variables. Thus, households will form
subjective expectations across all model variables. In our approach, households only
hold subjective expectations with respect to one variable, while they remain rational
with respect to all other variables. This method of explicitly characterizing choices in
terms of lifetime income is general in the sense that it allows solving for household

decisions under any time-consistent set of beliefs.

1.4 Analytic Insights

We proceed by deriving the primary channel through which house price extrapolation
and heterogeneities in the housing market can produce the patterns observed in Section
(1.2). Our analysis demonstrates that the results are robust to regional heterogeneities,
whether these are located on the supply or demand side of the housing market. Further-

more, we establish that our findings do not hold under a rational expectations framework.

To do so we examine a simplified version of the model introduced above: we consider
a one-region, zero liquidity endowment economy with fully sticky prices. We study the
path of house prices within an exercise that, while keeping everything tractable, allows us
to understand the effects of expansionary monetary policy: the consumption endowment
process is selected such that the real rate drops by € on impact of the shock and returns
to 0 afterwards. This is arguably a parsimonious way to model expansionary monetary
policy.

We assume that the housing supply is a function of endowment, and moves in response
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to the shock by —ie. Hence, in response to an expansionary monetary policy shock
housing supply increases. In the following regional differences in housing supply will be
simply modelled as regional variations in ¢. In Appendix (1.B.9) we also consider the
case of demand-side heterogeneities and show that similar results can be attained as
under supply-side heterogeneities.

Throughout this section we will consider parameter choices commonly used in the lit-
erature. Specifically, we consider parameter choices in line with Section (1.5), which
are stated in Table (2.3.1) and (1.C.2). Detailed derivations are relegated to Appendix
(1.B.9). Under the given assumptions the house price and housing market clearing can

be expressed as:

[e.9]

G =B} Gror — o1 —v(1— B)hy +v(1 = B)? D BEl hyrain (1.11)
s=0

/ﬁt—(l—d)/ﬁtfl = —L&¢ (112)

1.4.1 Supply-side heterogeneity

As we focus on housing supply side heterogeneities we simplify the housing demand side
and assume that v = 1. The house price is pinned down jointly by the equations (1.11)
and (1.12). The differences between rational and subjective expectations arise due to
the expectation formation on future house prices, El';+1, and future housing choices,
EfﬁHsH. Under rational expectations, we can simply use the housing market clearing

condition (1.12) to pin down house prices. Doing so yields the following proposition.

Proposition 2 (House prices under Rational Expectations). In the outlined one-region,
zero liquidity endowment economy with erogenous housing supply, and considering a

shock monetary policy shock such that e; <0 and e, =0 fort > 1. House prices are given

by:

G = Edias —ml—<1—6>ht+<1—é><1—5>t<1—11_55><—wt>>

And for the first two periods we have:

g1 = —€1+wpter

61\2 = (1 — 5)th€1
with wy, € (0,1).
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Proof. See Appendix (1.B.9). O

Proposition (2) makes clear that an expansionary monetary policy shock raises house
prices. The shock fades after the first period. If housing supply increases simultaneously
(¢ >0), the house price increase is less pronounced in the first period. Due to the increase
in housing supply, house prices will be below the steady state level after the first period,

converging back to the steady state going forward.

Moving on to the subjective expectation case, house price expectations, E] G;y1, are
pinned down by the subjective expectations model, equations (2.5) and (2.6). Future
expected housing choices, EfﬁtJrSJrl, can be characterized using the solution method

described in Section (1.3.2). We arrive at the following proposition:

Proposition 3 (House prices under Subjective Expectations). In the outlined one-
region, zero liquidity endowment economy with exogenous housing supply, and consider-
ing a shock monetary policy shock such that €1 <0 and ¢, =0 for t > 1. House prices
are given by:

Gt = —hi — w1 +wmmy

And for the first two periods we have:

g1 = —wrel +Le1

G2 = (1—0)e1 +wmgqi

with w, > 1, wy > 1, and 8(‘;—;" <0.
Proof. See Appendix (1.B.9). O

Proposition (3) elucidates several key dynamics. First, an expansionary monetary policy
shock leads to an increase in house prices, and given that w, > 1, this increase is more
pronounced than in the rational expectations scenario. The fact that the house price
rises by more on impact under subjective expectations is a direct consequence of the
fact that house prices not only convey the degree of scarcity of a good but also reveal
information about the future path of the price of an asset. Under rational expectations,
agents understand that house prices will mean-revert—while under subjective expecta-
tions they apply their perceived model to conclude that house prices will stay elevated.
Second, a positive response in housing supply mitigates the rise in house prices induced

by the monetary policy shock, and this mitigating effect is stronger compared to the
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rational expectations scenario, as indicated by wp < 1. Third, belief extrapolation in-
troduces a backward-looking component that drives up house prices. An increase in the
Kalman gain (g) amplifies the effectiveness of this channel. Similarly, a decrease in the

persistence of belief formation () also enhances the channel’s potency.

Let us now turn towards understanding how these dynamics come together when two
regions are involved, A and B. Consider an expansionary monetary policy shock that is
symmetric across regions and an increase in housing supply that is more pronounced in

region A, 14 > 1B. Using the results from above, we can now conclude:

Proposition 4 (Differential house price growth responses, supply-side). The differential
house price growth response in region A and B under rational expectations for the first

two periods are given by:

A(le — A@f‘ = wh(LB — LA>61

AGE — AGY = —6wi, (1P —1M)e

The differential house price growth response in region A and B under subjective expec-

tations for the first two periods are given by:

AGE - AGl = (P - M

AGY — AT = (wmg — 6)(AGE — A

where wpy,g >> § generally holds. And house price extrapolation amplifies regional dif-

ferences:
I(AGE — Ag N .
oAq —Adr) 18 1):wm(AqlB—Aq1A)>0
g
Proof. Differential house price growth, A@JB — A@A with j = 1,2, are derived by sub-

tracting regional prices from Proposition (2), and Proposition (3) respectively. O

Proposition (4) summarizes the paper’s main argument. In the subjective expectations
framework, supply-side differences lead to differential house price growth responses, re-
flected by ¢Z — 4. As we consider an expansionary policy shock, ¢ < 0, house price
growth in period one will be larger in region B. This holds for the rational expectations
and the subjective expectations model. However, in the subjective expectations model
the regional differences will be more pronounced since wy € (0,1). In the subsequent

episodes, we observe a qualitative difference between the rational expectations and the
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subjective expectations model. Under rational expectations the regional differences flip:
AGE — AGy <0 as —0wp, (1P —11)e1 < 0. In the subjective expectations model, this is
not the case. Extrapolation introduces a backward-looking term, which overturns the
dynamic observed under rational expectations: AGF — A(Y? > 0 since wpg > 9. Ex-
trapolation thereby provides a dynamic amplification mechanism of regional house price
growth rates. The higher g, or the lower p, the higher the coefficient w,,g, and therefore
the stronger the amplification channel.?”

This mechanism explains why the dispersion in regional house price growth is greater
during busts than in booms. As we will demonstrate below, the formation of house
price beliefs differs between boom and bust periods. In particular, the Kalman gain
(g) is higher during busts than in booms. As a result, the amplification effect of house
price extrapolation is stronger in bust periods, leading to increased regional dispersion in
house price growth. Importantly, this mechanism is absent in the rational expectations
model, rendering it incapable of accounting for the asymmetry in regional dispersion in
house price growth rates between booms and busts. Therefore, the rational expectations
framework fails to capture the differential effects observed in the dispersion of house
price growth across regions during these distinct phases of the housing market cycle

observed in the data.

1.5 Model calibration

In this section, we will describe the model calibration. We will start by focusing on the
calibration of the subjective expectations belief formation process. To do so, we will
turn to the data to directly estimate the belief persistence (p) and the Kalman gain (g):
Notably, we find that in busts the Kalman gain is larger than in booms.

We then move to regional heterogeneities and present evidence that housing supply-side
differences lead to regional responses of house prices to a monetary policy shock. We
use this analysis to calibrate cross-regional supply-side differences in time-to-build.

We calibrate the slope of the Phillips-Curve such that the model matches the peak
response of a 25 bp monetary policy shock unconditional on a house price boom or bust.

The remaining parameters a chosen in line with the literature.

2"Numerical explorations show that w,,g can be as large as 73, which constitutes a significant
amplification mechanism. Realistic values for the Kalman gain g range between 0.01 —0.025. In
our numerical example we assumed a Kalman gain of 0.02.
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1.5. Model calibration

1.5.1 House price beliefs and boom-bust dynamics

In Section (1.3), we construct a model that breaks the rational expectations hypoth-
esis with respect to house prices and introduces a Bayesian belief updating model to
describe the house price belief formation. This modeling approach is grounded in a sub-
stantial body of empirical literature that examines the dynamics of belief formation in
the context of housing markets.?® In appendix (1.C.3), we conduct our own analysis and
demonstrate that our modelling approach remains valid when conditioning on monetary
policy shocks. Specifically, we examine the response of forecast errors to these shocks.
Under the assumption of rational expectations, this response should theoretically be
zero; however, our analysis reveals a substantial and statistically significant response.
We observe a sluggish adjustment of beliefs following the shock, with evidence of initial
over-pessimism in the first month, which subsequently transitions to over-optimism in
the longer term. These findings are consistent with existing literature and suggest that
a Bayesian belief updating model is well-suited to capturing the observed dynamics in

house price expectations.

House price belief formation. Our findings in Section (1.4) suggested that stronger
belief updating in busts are essential to explain diverging regional house price growth
rates in busts. Therefore, we estimate the belief updating process described in Sec-
tion (1.3) and allow for potential differences in the belief updating process. Specifically,
we test two specifications: a linear one and threshold specification allowing for regime

switching. The linear process reads:
Ef Agii1 = c+o(0—9) X EZ 1 Ags + 09 X Agp1. (1.13)

Equation (1.13) can be derived by combining equations (2.5) and (2.6). ¢ = pm(1 —p) is
a constant with m being long-run house price growth expectations. The belief updating
model is in monthly frequency, and the sample is 2007 to 2020. We obtain the month-
on-month percentage change in house price expectations, EF Ag;11, by dividing the
year-on-year percentage changes from the Michigan Survey by 12. House price growth
data is taken from Case-Shiller National House Price Index. To estimate this model, we
replicate the belief updating process employed by agents in our model, which follows a

recursive updating procedure. Specifically, to estimate this process we feed in realized

28Gee: Adam, Pfiuti, and Reinelt (2022), Armona, Fuster, and Zafar (2019), Case, Shiller, and
Thompson (2012), Kuchler and Zafar (2019), and Ma (2020)
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past house price growth data, Ag,—1. For a given tuple (p,g9,m) and by recursively
updating E} ; Ag;, we obtain a sequence of house price growth expectations. We then
use a solver choosing (g,g,m) such that the MSE between the data and the fitted values

is minimized.?? For the estimation procedure we also impose that g,g € (0,1).

Equation (1.14) allows for heterogeneity in ¢ and g below and above a certain threshold.
It is based on equations (1.5) and (1.6). The estimation procedure is equivalent to the

h m!, w) to minimize the MSE between

linear model, only now we choose (gh, o, g" ¢, m
fitted values and the data. Notice that the threshold is also estimated and that the

regime depends on past observed house price growth, Ag:_1.

,m

EP Agii1 = 1(Ag—1 > w) (ch +0"(0" — ") xEl | Agi + 0" g" x AQt—l) +

1(Agi—1 <w) (cl + 0 (0" — gy xEF | Aq + o'g' x Aqt_l) (1.14)

The estimation results are presented in Figure (1.3). The solid yellow line in panel (a)
plots the expectations data from the Michigan survey, the blue dashed line represents
the threshold model estimates, and the dotted red line shows the linear model. The
dashed-dotted purple line in panel (b) depicts the month-on-month house price growth,
while the dashed black line indicates the threshold for the threshold model. Turning to
the linear model first, we find that it does a reasonable job of explaining the expectation
formation process. However, it lags behind during the bust episode and underestimates
expectations for house price growth in the recovery following the Recession. In compar-
ison, the threshold model improves on these dimensions. It captures the bust without
an obvious lag and performs better in recovery episodes. The estimated threshold for
this model is close to zero, suggesting that the updating behavior differs during periods

when house prices rise (booms) compared to when they fall (busts).

29This procedure demands a starting value for Ef_lAqt which can affect the outcomes. To minimize
the effect of the starting values on the estimated parameters, we start in 1987 to feed in monthly
house price growth data, thereby obtaining initial values for 2007M1. Changing the starting
value in 1987 has insignificant effects on our results.
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1.5. Model calibration

Figure 1.3: House price belief model, US
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Notes: SE model, threshold (blue, dashed): fitted values of Equation (1.14); SE model, linear
(red,dotted): fitted values of Equation (1.13); Expectations (yellow, solid): mean expectations
data from the Michigan Survey; House price (m-o-m) (purple, dashed-dotted): Month on month
percentage change in house price. The black dashed line in panel (b) depicts the threshold in
the threshold model.

The estimated parameters from the models are shown in Table (1.2). We find a ¢ of
0.97 and a Kalman gain of 0.0175 for the linear model. For the threshold model, we
find a o" of 0.99, and a Kalman gain, ¢", 0.0117 in booms. In busts, o' decreases to
0.91, while ¢! increases to 0.0233. All parameters are roughly in line with the literature.
The differences in the parameters across regimes transparently show why the threshold
model can fit the data better than the linear model: In busts when house prices and
beliefs fall drastically in a short period, a higher Kalman gain, and a lower persistence
parameter enable faster pass-through from observed house prices to beliefs. In booms,
when house prices and beliefs recover steadily over a longer period, expectations are
better matched by a slow-moving process with high persistence. This is achieved by a
higher degree of persistence o" and a lower degree of updating ¢”. The inclusion of the

threshold component decreases the MSE by roughly 47%.

We also perform a robustness exercise to study whether the parameter differences across
regimes affect the model performance. To do so, we impose the estimated parameters
from above and below the threshold, subsequently on the linear model. We find a
significant increase in the MSE, implying that the differences in the estimated parameters

of the threshold model matter for the model performance.
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Table 1.2: House price belief model: parameters

lin h 1 lin h l MSE?

Speci fication 0 0 0 g g g w 1 oplin
Baseline :
linear 0.97 0.0175 1.00
threshold 0.99 0.91 0.0117 0.0233 —0.048 0.53
Robustness :
high regime 0.99 0.0117 4.66
low regime  0.91 0.0233 8.57

Notes: linear: estimated parameters from Equation (1.13); threshold: estimated parameters

from (1.14); Robustness exercises are explained in the main text.

House prices in booms and busts. Our findings indicate that house price ex-
pectations updating is more pronounced in busts. This, in turn, can affect house prices
themselves: a larger reaction in expectations translates into economic decision-making
and will eventually be reflected in prices. To test whether this is the case, we run lo-
cal projections on house prices responding to a monetary policy shock, conditioning on

booms and busts. The estimation equation is given by:

Qt+h = Oéh+]1(Aqt_1 > 0) X ﬁlei\/[P—l—]l(Aqt_l < 0) X ﬁgei\/lp—f‘l't + Uit (115)

The monetary policy shock, € is the high frequency identified and orthogonalized
shock from Bauer and Swanson (2023). The left-hand side variable, g;, is the log house
price. The sample runs from 1990-2019 and is in monthly frequency. The controls, a,
contain 12 lags of the left-hand side variable, log of industrial production, the log of
CPI, the FFR, and the shocks. We will focus on expansionary monetary policy shocks
throughout the whole empirical analysis. Figure (1.4) plots the results. The blue line
shows the response if house prices were increasing in the past, and the red line if they
were decreasing. We find that house prices are notably more responsive to monetary
policy shocks in times when they have been decreasing. The peak response of the point
estimates almost doubles. Also, for the most part of the dynamic response, the boom and
bust confidence intervals measured at one standard deviation, do not overlap, indicating
a statistically significant difference at a 32% confidence level. In connection with our
previous findings about belief updating in booms and busts, this result indicates that
stronger belief updating in busts indeed affects realized prices. In Appendix (1.C.4)
we show that this result also extends to forecast errors responding to monetary policy

shocks.
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1.5. Model calibration

Figure 1.4: House price response to MP shock, boom-bust

(a) Ag—1 >0 (b) Agi—1 <0

House price %
(=]
ot
House price %
(==}
ot

_m
\

-0.5 . 0.5 S
0 6 12 18 24 30 36 42 48 0 6 12 18 24 30 36 42 48

Month Month

(=)
(=}

Notes: Responses to expansionary MP shock (1 std); Confidence Intervals: 68% and 95%
(Newey-West).

1.5.2 Cross-regional heterogeneity and housing supply

Our findings in Section (1.4) indicated that structural regional disparities within the
housing market are crucial in explaining why house price growth exhibits greater dis-
persion during economic downturns than in periods of expansion. In the following,
we focus on a specific dimension of regional heterogeneity—variation in the housing
supply—which has been shown to influence regional house price dynamics.?* Recent
research by Aastveit and Anundsen (2022) has linked regional variations in housing sup-
ply elasticities across US metropolitan areas to differential responses in house prices to
monetary policy shocks. Building upon their work, we demonstrate that these findings
apply at the US state level. Additionally, we provide evidence that analogous patterns

are observable in the Euro Area.

Econometric setup. To study the reaction of these regional variables to a com-
mon monetary policy shock, we estimate panel local projections to an externally high-
frequency identified monetary policy shock. Equation (1.16) represents the empirical
specification:

qn’t+h:afb+ﬁhei\4p+'yheiwpxzn+$n7t+un’t+h, h=0,1,....H. (1.16)

30Gee, for example, Glaeser, Gyourko, and Saiz (2008), Guren, McKay, Nakamura, and Steinsson
(2021), Mian, Rao, and Sufi (2013), Mian and Sufi (2014), and Saiz (2010).
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For the left-hand side variable (g, ) is the log of house prices. eM? denotes the monetary
policy shock. We further interact this shock with a region-specific variable capturing
supply-side heterogeneities, which we denote as z,. x,; is a vector of aggregate and
regional controls. A time-fixed effect and a region-fixed effect are also included. We use
this empirical specification for the US, as well as for the Euro Area. For consistency, we
study a one-standard deviation monetary policy shock and standardize the interaction

coefficients throughout all exercises.

31 The mone-

Results. For the US we focus on state-level data in the cross-section.
tary policy shock is the same as before and taken from Bauer and Swanson (2023). The
interaction term is the house price sensitivity indicator from Guren, McKay, Nakamura,
and Steinsson (2021). It measures the responsiveness of metropolitan area house prices
to an increase in house prices at the Census region level controlling for a broad range
of local economic conditions. It aims to capture housing supply side heterogeneities.??
Empirically, housing supply elasticities reflect regional geographical or administrative
constraints that influence the construction sector (Saiz, 2010). To facilitate the inter-
pretation of this measure and to enable a tractable integration of our empirical esti-
mates into the model, we interpret housing supply elasticities as a broad indicator of
the time required to complete housing construction. We show that the housing sensi-
tivity indicator is correlated with time-to-build measured at the Census division level
in Appendix (1.C.5). To obtain state-level housing sensitivity measures, we aggregate
the metropolitan-level data by weighing them according to population size. The vector
of controls includes 8 lags of the left-hand side variable, the log of US GDP, the log of
the GDP deflator, the FFR, the shock, and the interacted shock term. The sample runs
from 1990 to 2019 and is in quarterly frequency.

Figure (1.5) plots the response of nominal house prices to an expansionary monetary
policy shock. We find a sizeable and persistent increase in house prices in the mean co-
efficient, as seen in panel (a). Further, the interaction coefficient, shown in panel (b), is
positive and persistent. Both IRFs are significant at least at a 90% confidence level. Our
findings indicate that house prices are increasing in response to an expansionary mone-
tary policy shock and they increase by more in states where supply is more constrained.

These findings are in line with Aastveit and Anundsen (2022). Appendix (1.C.6) shows

31 Hawaii and Alaska are not included in the sample due to insufficient data coverage.

32This indicator can be understood as a proxy for supply-side elasticities in the spirit of Saiz (2010).
Contrary to the supply-side elasticities estimated by Saiz (2010), the house price sensitivity
indicator is uncorrelated with demand-side characteristics.
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that these results carry over to the Euro Area.

Figure 1.5: House price response to MP shock, US
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Notes: House price response to expansionary MP shock (1 std); The interaction term as been
standardized; Confidence Intervals: 68% and 95% (Driscoll and Kraay, 1998).

Calibrating supply side heterogeneities. To calibrate the model, we use the
time-to-build measure presented in Appendix (1.C.5). A significant proportion of census
divisions exhibit an average construction duration of approximately six months, mea-
sured from the issuance of building authorization to project completion. Notably, in
two densely populated regions on the East Coast, the reported time-to-build extends
to nearly ten months. Considering the additional time required for obtaining building
permits and completing the sale of the property, we set the time-to-build parameters in

the model to 7 = 2 and 7* = 4 quarters.3

1.5.3 Remaining model parameters

Table (2.3.1) lists the parameter values, all of which are symmetric across regions. First,
focusing on the household sector, the labor disutility shifter, the inverse Frisch elasticity,
and the intertemporal elasticity of substitution are set to standard values in line with
the literature. The discount factor is set to achieve a 1.5% steady state interest rate.

We further assume the regions are symmetric in size. We set housing depreciation to

33The time it takes to obtain a building permit can vary largely across cities. In Dallas, for
instance, it may take only a few business days, while in New York it takes between 1-3 months
(see: permitflow.com). This difference is reflected in our calibration.
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2% per quarter. Moving to the production sector, we set the home bias, the elasticity

of substitution across regions and goods in accordance with Bletzinger and Thadden

(2021). We will choose the persistence parameter of house price beliefs and the Kalman

gain as presented in Table (1.2). The Taylor rule weight on inflation is 1.5, which is

standard. In terms of price adjustment, we choose the price adjustment costs such that

the peak response of house prices to a monetary policy shock, unconditional on booms

or busts, matches the response in the data. The slope of the Phillips Curve is given by

% =0.018. This is in line with the recent literature.?*

Table 1.3: Model parameters (symmetric parameters)

Parameter Value Description Source/ Target
Households X 1.000 labor disutility shifter standard
@  1.250  inverse Frisch elasticity standard
o 2.000  inverse of intertemp. EOS standard
v 1.000  housing utility elasticity Tacoviello (2005)
6 0.020  housing depreciation 2% quart. depreciation
B 0.995  discount factor standard for quart. frequency
ol 0.500 relative region size symmetric regions
Goods agg. & A 0.800  home bias
production ¢ 1.000  EOS across regions Bletzinger and Thadden (2021)
€ 6.000  EOS across varieties
K 272.18 price adjustment costs slope of 0.0125 for the PC
n 0.800 elasticity of housing prod. =~ Adam, Pfauti, and Reinelt (2022)
Policy ¢r 1.500  Taylor coefficient standard

Notes: All parameters depicted above are equal across countries. One period in the model is

one quarter.

Table (1.C.2) in the Appendix shows the allocation and prices in the non-stochastic

34 Adam and Billi (2006) set the slope of the Phillips Curve to 0.057. However, it has been argued
that the slope of the Phillips Curve has decreased, see i.e Del Negro, Lenza, Primiceri, and
Tambalotti (2020) and Hazell, Herreno, Nakamura, and Steinsson (2022). Our parameter choice

is in line with their estimates.
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steady state. We choose a higher degree of time-to-build in the foreign region. The
steady state value for the housing preference shifter is chosen such that we attain a
symmetric steady state in the allocation variables. This modeling choice ensures that
all cross-regional differences result from the structural heterogeneity on the housing
supply side. The steady state value for the house price is the only variable that differs
across countries. Symmetric steady state values for bond levels, which are zero for both
countries, also imply that there is no net-borrower or net-saver country in the steady
state. Changes in monetary policy will therefore not lead to Fisherian debt revaluation

effects. We parameterize the model to match the housing sector in the US economy and

target a steady state housing investment-to-consumption ratio, ¢, of 6.5% as in Adam,
Pfauti, and Reinelt (2022).

1.6 Quantitative Results

In this section, we will present our findings. First, we show that the model is able
to replicate aggregate house price responses to a monetary policy shock, conditional
and unconditional on booms and busts. Second, the model captures the documented

boom-bust-asymmetry in regional house price growth dispersion.

1.6.1 Aggregate house prices in booms and busts

We will start by studying the model performance on an aggregate level. All aggre-
gate variables are a convex combination of the regional variables weighted by their size.
Hence, the aggregate house price is given by ¢ = yg + (1 —~)g;. We will study the
aggregate house price response in the model and the data, unconditionally and condi-
tionally on being in a boom or a bust. As discussed above, we target the peak response
unconditionally of being in a boom or bust. We then study the performance of the
rational expectations model and the subjective expectations model conditional on being
in a boom or bust. For the unconditional response in the model we simply consider the
linear model using the parameterization described above. For the unconditional empiri-
cal response we estimate Equation (1.15) and drop the conditionality on the boom-bust
regimes with respect to the monetary policy shocks. The conditional empirical response
is given by local projections estimated from Equation (1.15). This setup estimates house
price responses to a monetary policy shock conditional on being in a boom or a bust.

An appropriate model counterpart produces the response to a monetary policy shock
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conditional on being in either a boom or bust regime. To construct this conditionality
in the model, we use a linear model but adjust the model parameters such that the
model captures either boom or bust dynamics in house price updating. We use the
parameters estimated in Table (1.2). For the boom we have a persistence parameter of
0" =0.99 and a Kalman gain of ¢” = 0.0117. For the bust period we have o' = 0.91 and
g' = 0.0233. Importantly, the respective parameters have no effect on the steady state.
Therefore, the shock will hit both models in the same steady state but the dynamics will
be different due to differential updating behavior. We consider a 25 basis points expan-
sionary monetary policy shock across all models and their empirical counterparts.> As
discussed previously, these shocks are empirically too small to affect the transition from
one regime to the other, thereby validating our quantitative exercise. We will first focus
on the magnitudes of the responses in the model and the data, after which we move on

to the dynamics.

Figure (1.6) plots the peak responses in the model and the data, unconditional and
conditional on booms and busts. First, the rational expectations model is unable to
match the peak response observed in the data. It misses the peak response in the data
by roughly a factor of 3. Further, the response is equivalent across boom and bust periods
as there is no source of asymmetry in the rational expectations model. In contrast, the
subjective expectations models conditioning on booms and busts match their empirical
counterparts quite well. For the house price response in a boom, we find a peak response
of 2.0 in the model and 1.8 in the data. The model peak response lies within one standard
deviation of the empirical estimate. For the bust case, we find a peak response of 2.6
in the model and 3.0 in the data. Accounting for estimation uncertainty, the model lies
in the range of the one standard deviation confidence intervals. The results reflect our
findings from Proposition (2) and (3). Under subjective expectations, the response to a
monetary policy shock is scaled up compared to the rational expectations counterpart.
Additionally, extrapolation further dynamically amplifies house price responses. Both
of these channels seem to be very important to match the magnitude of the house price

response in the data.

35To determine the size of 25 bp monetary policy shock in the data, we estimate a local projection
exercise regressing the FFR on the monetary policy shock. We choose the minimum of the IRF
from the first 12 months as a reference point to determine the empirical shock size. We use this
approach unconditional and conditional on booms/busts.
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Figure 1.6: Peak response of house prices to a MP shock, model vs. data
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Notes: Response to expansionary MP shock (25 bp); Confidence Intervals: 68% (Newey-West);
Parameterization: o = 0.99, g" = 0.0117 (boom), o' = 0.91, g’ = 0.0233 (bust).

We will now turn to the dynamic responses in the model and the data. Figure (1.7)
shows the response of house prices to a 25 basis point expansionary monetary policy
shock in the model and in the data unconditional on booms and busts. The empirical
response is depicted in panel (b). The model counterparts, in panel (a), show the
response of the linear model under subjective expectations and rational expectations. In
terms of dynamics we observe a very sluggish response in the data, the peak response
is only reached after 10 quarters. In the rational expectations model, we observe no
hump shaped pattern at all. House prices peak on impact and return to the steady
state thereafter. In the subjective expectations model we do observe some sluggishness
in the house price dynamics. House prices respond on impact, increase for the first
four quarters, after which the model converges back to its’ steady state. The dynamic
can be explained through the extrapolative belief structure. After the initial shock,
agents believe that house prices will increase further and invest into housing. They
will continue to do so until their beliefs are not met, after which they will adjust their
behaviour and the model returns to it’s steady state. Quantitatively, it turns out that
this behaviour is too short-lived to explain the sluggishness observed in the data. The
inability of DSGE models to match the persistence in the data is well known. Therefore,
medium sized DSGE models such as Smets and Wouters (2007) tend to add backward
looking components, for instance habit formation, to match these dynamics. While the

extrapolative beliefs do improve the model performance to a certain degree, they cannot
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capture the full persistence of the response. This indicates that some sort of sluggish
adjustment behaviour in housing demand, for instance habit formation on housing or

housing search frictions, are needed to exactly match the data.

Figure 1.7: House price response to MP shock, model vs. data
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Notes: Responses to expansionary MP shock (25 bp); Confidence Intervals: 68% (Newey-West).

We will now turn to house price responses in booms and busts. Panel (b) in Figure (1.8)
plots the empirically estimated impulse responses from the local projections exercise.
The dynamics are equivalent to the ones depicted in Figure (1.4), but scaled to match a 25
basis point increase. We only plot 68% confidence bands. Panel (a) shows the subjective
expectations model responses for the boom and bust parameterization discussed above.
In terms of dynamics, we observe the same short-comings as in the unconditional case.
The model is unable to capture the full persistence observed in the data. However, we
observe a less persistent response in the boom relative to the bust. The model is able to

capture this pattern qualitatively.
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Figure 1.8: House price response to MP shock in booms and busts, model vs. data
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Notes: Responses to expansionary MP shock (25 bp); Confidence Intervals: 68% (Newey-West);
Parameterization: o = 0.99, g" = 0.0117 (boom), o' = 0.91, g' = 0.0233 (bust).

1.6.2 Cross-regional heterogeneity in booms and busts

Having demonstrated that our model can replicate aggregate house price responses dur-
ing both boom and bust periods, we now turn our attention to analyzing cross-regional
heterogeneities. We evaluate the model’s performance in response to a monetary policy

shock conditional on booms and busts.

Regional house price growth dispersion. We begin by comparing the cross-
regional house price growth standard deviation in the data to those in the model. Em-
pirically, we use the local projections presented in Figure (1.2). As for house prices,
we focus on the impulse responses in booms and busts at their respective peaks. We
compare the empirically estimated peak responses with their counterparts in a ratio-
nal expectations and subjective expectations model conditional on being in a booms or
busts. Figure (1.9) presents the results.

Focusing on the rational expectations model, we find that the model is unable to gen-
erate any sizable regional differences: the peak response is almost zero. As before, the
rational expectations model is also unable to generate any differences between booms
and busts.Moving to the subjective expectations model, we find that the model slightly

overstates the peak response in a boom relative to the data. However, accounting for es-
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timation uncertainty, we are well within the one standard deviation confidence intervals.
In the bust the model does extremely well, it only marginally understates the empirically
estimated peak response.

These results are in line with Proposition (4): Housing supply side heterogeneities create
differences in house price growth, which in turn is amplified by extrapolation. Larger
extrapolation in busts means stronger amplification and therefore larger cross-regional
differences. Under rational expectations the amplification mechanism is absent, therefore

the model is only able to create minor cross-regional differences.

Figure 1.9: Peak response of reg. house price growth std. to a MP shock, model
vs. data
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Notes: Response to MP shock (25 bp); Confidence Intervals: 68% (Newey-West); Parameteri-
zation: o =0.99, g" =0.0117 (boom), o' = 0.91, g' = 0.0233 (bust).

House prices and economic activity. After establishing that regional house price
growth responses to monetary policy shocks differ between boom and bust periods, we
now shift our focus to examining house price responses in levels and, ultimately, their
impact on aggregate economic activity. These dynamics are of particular interest due to
their implications for welfare and, consequently, their relevance for policy considerations.
In the following, we will only focus on the subjective expectations model since our earlier
results showed that regional disparities in the rational expectations model are negligible.
Figure (1.10) shows the response of house prices to a monetary policy shock conditional
on booms and busts. First, we find that generally, the house price is more responsive

in regions where time-to-build is larger, hence in the region where 7* = 4. Second, the
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differences between the regions is larger in times of a house price bust. Both of these

findings are in line with the results presented in Section (1.4).

Figure 1.10: Regional house price response to MP shock in booms and busts
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(boom), o' =0.91, ¢! = 0.0233 (bust).

In terms of aggregate activity, we study the response of regional output to a monetary
policy shock, again conditioning on booms and busts. Figure (1.11) presents the results.
We observe that the region in which house prices are more responsive, the region with
a higher time-to-build, also experiences a larger expansion in output. The underlying
intuition is as follows: as house prices rise, households expect future price increases and
subsequently raise their investment in housing. This surge in housing investment leads
to a corresponding increase in output. Due to stronger extrapolation during busts, the
output response and regional differences in output are more pronounced in these periods.
These findings highlight that regional differences in house price growth translate into
house price levels and output variations. As these regional disparities propagate through
the model, they eventually affect consumption, labor markets, and inflation. Conse-
quently, these dynamics influence welfare and become of primary importance for mone-
tary policy. In the next section, we will discuss the policy implications of these results.
Figure (1.D.1) in the Appendix shows the response of regional house prices and output
under rational expectations. We observe that the rational expectations model is unable

to create any sizable regional differences. This result is in line with our Propositions
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from Section (1.4).

Figure 1.11: Regional output response to MP shock in booms and busts
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1.7 Policy analysis

Turning to policy implications, we study how targeting house prices in the Taylor rule
changes aggregate variation and cross-regional variation. The linearized Taylor rule we
consider is given by:

it = GRS 4 109 (1.17)

For our baseline case, we consider a rule with ¢, = 1.5 and ¢, =0, as we did for all
exercises above. Under house price targeting, we increase the weight on house prices
to ¢q = 0.025. We study the response of house prices to an expansionary productivity

shock in the baseline case and under house price targeting.

Impulse responses under house price targeting. Figure (1.12) presents the
house price responses to a productivity shock in booms and busts comparing house
price targeting to our baseline. The response of house prices to a productivity shock
under the baseline model closely mirrors the response to a monetary policy shock, as

outlined in Section (1.6). Specifically, both house prices and regional disparities in
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house prices tend to be more pronounced during busts than during booms. When house
prices are explicitly targeted, however, the response of house prices is dampened, with a
corresponding reduction in regional heterogeneity. Furthermore, a comparison of booms
and busts reveals that monetary policy exhibits greater effectiveness during busts, as the
relative reduction in both house prices and regional heterogeneity is more substantial in
busts than in booms. The increased responsiveness of house prices can be attributed
to a larger pass-through effect from house prices to expectations, which arises from a
heightened degree of extrapolation. As a result, policy changes are also transmitted to

house prices with greater intensity.

Figure 1.12: House price targeting: house price response in booms and busts
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g" =0.0117 (boom), o' = 0.91, ¢ = 0.0233 (bust).

Figure (1.D.2) in the Appendix shows that these results carry over to aggregate activ-
ity. House price targeting reduces the response of output and regional heterogeneity in
output. As for house prices, house price targeting is more effective in busts. Intuitively,
house prices drive housing investment and thereby output. By targeting house prices
the central bank implicitly reduces housing investment and consequently output.

Under rational expectations, this result breaks down (see Figure (1.D.3) in the Ap-
pendix): the house price and output response are reduced but to a smaller degree
than under subjective expectations. Further, regional heterogeneity is unaffected, as

the model is unable to create any regional differences in the first place.

23



United in Booms, Divided in Busts: Regional House Price Cycles and Monetary Policy

To understand how house price targeting affects the economy in a broader sense, we
compute standard deviations of producer price inflation, output, and house price over
the first 48 quarters after the shock hits the economy. Table (1.4) presents the results for
those variables at an aggregate level in booms and busts. It also contrasts the rational
expectations model with the subjective expectations model.

Analyzing the subjective expectations model, we find that house price targeting, on
the one hand, reduces aggregate volatility in both house prices and output. Moreover,
this policy proves to be more effective during busts, as previously discussed. On the
other hand, a trade-off emerges between stabilizing house prices and managing inflation.
Increasing the emphasis on house price targeting diminishes house price volatility but
leads to greater inflation volatility. The underlying intuition is that a greater focus on
house prices by the monetary authority reduces the relative weight placed on inflation,
thereby increasing inflation.

In the rational expectations model, we observe similar dynamics. In contrast to the
subjective expectations model, the changes in volatility between the baseline and house

price targeting are smaller, and there is no difference in booms and busts.

Table 1.4: Aggregate standard deviations across policy rules

Boom Bust

Model ¢™ ¢ | 7999 499 ¢a99 | £a99 499 499
1.5 0.00] 0.03 0.15 0.18 | 0.03 0.15 0.18
1.5 0.25]0.04 0.14 0.16 | 0.04 0.14 0.16
1.5 0.00| 0.01 0.30 0.64 | 0.02 0.36 0.79
1.5 0251002 0.22 048] 0.02 0.24 0.50

RE

SE

Notes: The table shows standard deviations of several variables in response to an
expansionary productivity shock (100 bp); The standard deviations are computed over the first
48 quarters; Parameterization: o =0.99, ¢" = 0.0117 (boom), o' = 0.91, g' = 0.0233 (bust).

Focusing on regional differences, we compute the cross-regional standard deviations
across both policy rules and both models for producer price inflation, output, and house
prices. The results are shown in table (1.5). Beginning with the rational expectations
model, we observe no cross-regional variation in either inflation or output. However,
there are minor regional variations in house prices, which are further diminished by

leaning against house price fluctuations. In contrast, the subjective expectations model
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exhibits cross-regional differences across all variables. Here, targeting house prices signif-
icantly reduces these variations, with the policy proving more effective in times of busts.
Intuitively, extrapolation amplifies movements in house prices which spill over to the
rest of the economy. If house prices are not as volatile, extrapolation is also mitigated,

and so is the differential regional response.

Table 1.5: Cross-region standard deviations across policy rules

Boom Bust

Model ¢© ¢ | gHF HF  (HF | JHF HF  HF
1.5 0.00 | 0.000 0.000 0.0040 | 0.000 0.000 0.0040
1.5 0.25 ] 0.000 0.000 0.0037 | 0.000 0.000 0.0037
1.5 0.00 | 0.001 0.016 0.055 | 0.002 0.045 0.135
1.5 0.25 | 0.000 0.012 0.040 | 0.000 0.036 0.110

RE

SE

Notes: The table shows standard deviations of several variables in response to an
expansionary productivity shock (100 bp); The standard deviations are computed over the first
48 quarters; Parameterization: " =0.99, ¢" = 0.0117 (boom), ¢! = 0.91, ¢' = 0.0233 (bust).

Welfare consequences. We have demonstrated that house price targeting leads to
a reduction in both the aggregate variance of house prices and output and a universal
decrease in regional dispersion across all variables. However, this policy is associated
with an increase in inflation volatility. This observation prompts the critical question
of whether house price targeting is a desirable policy intervention. To assess this, we
derive a welfare-based loss function and perform a comparative analysis across different
policy rules. The loss function is based on a second-order approximation of the utility
function of each region, with each region being weighted by its size. It is important to
note that the steady state is efficient.

Before we turn to the derivation of the loss function, we will briefly review the sources
of inefficiency in this model. In the rational expectations version of the model, the
only source of inefficiency is inflation which arises due to price adjustment costs. Under
subjective expectations, agents’ choices are distorted due to their misspecified beliefs.
In particular, households may be willing to shift resources from consumption units to
housing investment and housing demand to achieve capital gains in the future. Addi-
tionally, this will also distort households’ labor supply. This provides a motive for the
policymaker to lean against house prices. Further, in our setup their welfare losses can

arise due to regional heterogeneities. We will discuss this in detail below.
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A second-order approximation of the households utility gives the following loss function.
We follow Gali (2015) and express the welfare loss in terms of the equivalent permanent

consumption decline, measured as a fraction of steady state consumption.

W_,

Css

E1) B 79 + a4 F5A2+O( 3) +t.i.p. (1.18)
t=0

Q; collects the welfare-relevant choices and is defined as:
Q=773 + 0 + DA + T"A7 + 0757 + T007 — T, iy

Q) is defined equivalently. The welfare weights (I'V) are explicitly stated in Appendix
(1.D.2). From equation (1.18) it becomes apparent that the welfare loss contains three
parts: the domestic choices (£2;), the foreign choices (£2;), and relative prices measured
by the terms of trades (§;). The formulation further reveals that regional dispersion
negatively impacts welfare. This result can be demonstrated in two distinct ways. First,
consider a scenario where all variables, except one, are symmetric across regions and
the regions have the same size. Suppose the policymaker could implement a policy
that alters the heterogeneous variable by shifting variation from one region to another
without influencing the other variables. Given the convexity of the loss function, it
would be welfare-enhancing to eliminate this regional heterogeneity. Second, the terms
of trade reflect relative price differentials between regions. If regions move in tandem,
this term becomes zero, improving welfare. Consequently, policymakers are incentivized

to promote homogeneous co-movement across regions to optimize welfare.

To illustrate this point, we can further rearrange equation (1.18) in terms of variation

at the aggregate level and cross-regional variance.

W_ > 1 gy 1 . .
L= B Bt SO+ SO - 2057 + Lpsg 210(3) +t.i.p. (1.19)

Css = 2
0799 collects the aggregate variation on a currency area level, QY% the cross-regional
variation, and Qf°Y covariance terms:
Qagg I‘TI'(Aagg) +Fc(&ﬂ99)2 —i—Fh(?Lagg)Z +Fn(ﬁa99)2 _i_rx(@agg) F&aé‘ Aagg
Qfa'r — 7rA2 _|_ I‘\C/\2 + Fh&}% ; + FnA2 + FzAQ + FbO'b .

ngv = Pﬂ)\(l - A)%%{t%%t
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The U?’,t terms denote the cross-regional variance of a variable j. The covariance term
(Q¢°V) appears due to the presence of the home bias in consumption. Equation (1.19)
indicates that the policymaker’s objective is a function of both the aggregate economic
variation and the degree of regional dispersion. By implementing a policy that promotes
more synchronized economic dynamics across regions, the policymaker can effectively

enhance overall welfare.

We now revisit the productivity shock and calculate the welfare loss under both our
baseline model and house price targeting, comparing outcomes for the rational expecta-
tions model and the subjective expectations model. Table (1.6) presents the results and
a decomposition into welfare loss on the aggregate level (2%99) and the cross-regional
variation (2Y*"). We drop the covariance and the terms of trades parts, as they are
quantitatively irrelevant. We find that under rational expectations house price targeting
is welfare detrimental, as house price targeting increases the loss by 12% relative to the
baseline. However, under subjective expectations, house price targeting proves benefi-
cial, yielding welfare improvements of 7% during booms and 24% during busts. This
difference arises because, under subjective expectations, rising house prices lead house-
holds to anticipate further price increases. This results in a reallocation of resources
from consumption to housing investment, alongside an increase in labor supply. These
decisions, driven by overly optimistic projections of future house prices, generate welfare
losses. House price targeting helps to stabilize price dynamics, thereby reducing the in-
efficiencies arising from misguided decision-making. As extrapolation is stronger during
busts, the associated welfare losses are more severe, making house price targeting par-
ticularly advantageous during these periods. In contrast, under rational expectations,

these channels are absent and so are the potential benefits of house price targeting.

Turning to the sources of welfare loss, we find that the welfare loss is mostly accounted for
by volatility in the aggregate variables (2%99). Under rational expectations, welfare loss
through cross-regional variation (£2Y%") plays no role. Under subjective expectations,
we find small welfare losses in the boom case. During a bust, these losses triple in
the baseline case, but are still relatively small compared to the overall welfare loss.
The relatively small welfare loss attributed to regional heterogeneities can be explained
as follows. The primary driver of cross-regional variation in the welfare loss function
arises from differences in housing investment across regions. However, the housing sector
represents a relatively small share of the overall economy, resulting in a low welfare weight

(I'"), which exerts a minimal effect on aggregate welfare. Additionally, the pass-through
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from the housing sector to the broader economy is weak, as it operates predominantly
through general equilibrium channels. A model that amplifies these linkages, such as
one incorporating heterogeneous agents, would likely generate stronger cross-regional
variation in the non-housing sector. Consequently, cross-regional disparities would play

a more significant role in determining aggregate welfare outcomes.

Table 1.6: Welfare loss across policy rules

RE SE
Model Boom  Bust
Q99 —0.172 —0.147 —0.204
Baseline Quaer 0.000 —0.001 —0.003
total —0.172 —0.148 —0.207
Q99 —0.191 —0.137 —0.154
G targeting QU 0.000 —0.001 —0.002
total —0.191 —0.138 —0.156
Q%99 1.11 0.94 0.76
Ratio Quar 0.86 0.57 0.57
total 1.11 0.94 0.75

Notes: The welfare loss in response to an expansionary productivity shock (100 bp);
Parameterization: o =0.99, g" =0.0117 (boom), o' = 0.91, g' = 0.0233 (bust); Ratio denotes
the ratio of the welfare loss between house price targeting and the baseline; The welfare loss
has been scaled by 100.

1.8 Conclusion

In this paper, we examine regional heterogeneity in housing cycles and their implica-
tions for monetary policy. We document that regional dispersion in house price growth
is larger in busts compared to booms. We then develop a two-region New Keynesian
model and show that including stronger belief updating and regional housing supply
side heterogeneities can jointly explain the increase of regional house price growth dis-
persion in busts. We empirically provide evidence that supports our modeling choices in
terms of belief updating and housing supply side heterogeneities. Our findings suggest
that placing a greater emphasis on house prices by the monetary authority can reduce
volatility in output and house prices, as well as regional dispersion in inflation, output,

and house prices. Under subjective beliefs, this policy proves to be welfare-improving.
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Appendix

1.A Micro-founding the debt-elastic interest rate

In the model, households in country H receive on their bond holdings the effective nomi-
nal interest rate 1414;_1 — by, with b; being the real value of the aggregate bond holding
in country H; households in country F' receive the effective nominal rate 14,1 —1b;.
Moreover, the intermediation of bond positions entails a real cost (1 +7Tt)*1%(bt)2 +
(1 —7)(1+7rt)*1%(b§)2 of which (1+7rt)*1%(bt)2 is paid by each consumer in H and
(1 +7rt)*1%(bt)2 is paid by each consumer in F. In this Appendix we detail how these
debt-elastic interest rates and the associated intermediation cost can be parsimoniously
micro-founded. We achieve this by introducing two competitive bond clearing houses,
one in each country, that represent the only access of households to financial markets
and who incur a real cost that is quadratic in the size of their balance sheet. The specific
market arrangement is as follows: households hold a consol and may hold liquid bonds.
Consol. Each household in H is endowed with b € R units of a non-marketable consol
that pays as a coupon (3~1—1)(vP;_1 +(1—~) Py )P, ! units of H’s consumption basket
each period, per unit of consol. This implies that the nominal coupon rate, applied to the
nominal coupon value P;_1b, is (37! —1)(yP;_1 + (1 —v) P} ;)/P;_1; the real coupon rate

applied to the real value b in turn is (371 —1) <7—|— (1- 7)5{_1) (14 m;)~t. The situation

in country F is symmetric: each household is endowed with b* units of a consol that pays
(B~ —=1)(yP,_1 4+ (1 —7)P7_1)(P7)~" units of F’s consumption basket each period, per
unit of consol. b, b* are model parameters selected such that (i) yb+ (1 —~)b* =0 and (ii)
all markets clear in the non-stochastic steady state with zero net inflation and terms-

of-trade parity without households holding any liquid bonds. The latter fact ensures

36 A consol is a type of bond that has infinite maturity and just keeps paying a constant or varying
coupon perpetually.
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that there is no cost of financial intermediation in the steady state, shutting down this
particular friction. The specific choice of the coupon payment scheme ensures two facts:
(1) condition (i) implies that the nominal payments between H and F' associated with
the two consols exactly cancel out — whatever H/F receives as coupon payments on its
consol endowment is paid for by F'/H as a coupon service on its (endowed) short position
of consol; and (2) the real coupon rates paid by/ to the consol endowment only depend
on the real exchange rate and the inflation rates, not on the price levels. Households

cannot trade their consol holdings.

Bonds. Household do have the possibility, though, to vary their position in the liquid
bond. This liquid bond is a nominal, one-period, zero-coupon bond and the positions
of the representative H-, respectively the representative F-household are denominated
b, bf. If a household wants to hold a net balance of liquid bonds different from zero,
she has to go to one of the clearing houses in her country: In the H-country, there is
a continuum of mass v (respectively mass 1 —- in F') of competitive clearing houses
buying and selling bonds from and to the government and from and to the respective
country’s citizens. Households themselves cannot directly buy/sell government bonds
without having an account at the clearing house. The clearing house can costlessly
buy/sell bonds but incurs an operating cost that is quadratic in the size of its balance
sheet, making this a model of costly financial intermediation. Thus, the interest rate
that each citizen gets on her bond holdings is determined by the nominal rate paid on
government bonds and the aggregate holding of liquid bonds. Each clearing house is
owned equally by all citizens of the respective country so that it pays its profits to those
citizens.3” Consider an arbitrary clearing house in H (with symmetric arrangements in
F'). Denoting as Bc¢4+1 the nominal value of the clearing house’s net liabilities against

H’s citizens and as Bg;41 the nominal value of the clearing house’s position in the

3"In equilibrium, each clearing house makes a non-negative profit, and along the transition path
back to the steady state after some shock, each clearing house makes a strictly positive profit.
This fact is in principle incompatible with the notion of competitiveness (there is an incentive
to open up more clearing houses or, equivalently, it is strictly profitable to split each clearing
house). Therefore, it is better to interpret the program of the clearing house as reflecting capacity
constraints: the here-presented program can be thought of as the inner problem of a profit
maximization program with an additional factor (say, managerial effort) that which (i) makes the
intermediation service production function exhibit constant returns to scale (instead of decreasing
RTS), (ii) is provided by households, and (iii) is in perfectly inelastic supply. Under this way of
modeling the clearing house, it behaves exactly as modeled here, it always makes zero profits,
and households get as remuneration for providing the additional factor the amount that is the
profit in the current way of modeling.
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government bond, the profit maximization program is:

max _ —(144)) Beg1 + (1+ie) By — v

—P Y (B.t11)% st. Beyy1 =B
t c,t+1 L. c,t+1 41
Bet+1,Bg,t+1€R 2 ’ g

where ¥ is the nominal rate clearing the market for household bond positions and

¢ is the nominal rate on government bonds that is set by the monetary authority.
%Pt_l(BQtH)Q = %Pt(bcth)Q is the nominal cost of intermediating — crucially, the real
cost of intermediation does not directly depend on the price level. The first order con-

ditions for this program are

14+ + P Beyi1 = e,
1410 = puy,

Bc,t+1 - Bg,t+17

where p; is the Lagrange multiplier on the balance-sheet constraint B.;11 = Bg11.

Market clearing in the household bond positions in H requires
YBe,t+1 = vPibry1,
and market clearing in the government bond positions requires
YBgt+1+(1=7)Bg 41 =0,

so that by using the balance-sheet constraints Bei11 = By,i4+1, B¢ = By41 and the
clearing conditions for household bond positions in H and F' we recover the market

clearing condition for government bonds in the main model:
YPbry1 + (1 =) Plbi, =0.
In sum, the aggregate conditions implied by this market arrangement are:

1+ 4 apbyy = 141,
L™+ bl = 1+ir,
YPibiy1+ (1 —7)Pbiy, = 0.
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The nominal profits of the typical clearing house in H in equilibrium are:

Y

. .b
. . — . . =1
Profiti 41 = (i — zi’)Bc,tH - §Pt 1(Bc,t+1)2 with optimal B.¢1 = ¢

Py
1
= (i —i))* " P — (i — )%y By 5
= Pt%(bt+1)2 using market clearing in the household bond positions.

Of the 14 4;% nominal interest collected on (paid for) its position of government bonds,
each clearing house withholds 1b;11% of the interest from its customers (respectively,
charges —b;+1% of additional interest if b1 < 0). Half of these ¥b;11% are used for
covering the operating cost (by buying this amount of H’s final basket and selling it in
exchange for numéraire), and the other half is paid as profit to the owners of the clearing

house (which, in equilibrium, are its customers).

1.B Proofs and Derivations

1.B.1 Proof of Lemma (3)

Agents apply the optimal Bayesian filter, i.e. the Kalman filter, to arrive at the observ-

able system:3®

In Gl _ olnmy +1Inéyyq

qt

2 2, 2
Inm; = olny_1 — % +g- <ln€t+ e —;U”>

_ 2400 s the steady state Kalman
02+02+02

filter gain, 02 = $[—02 + /02 +40202] is the steady state Kalman filter uncertainty, and

where In7; := E] (Inm;) is the posterior mean, g =

Ine; is perceived to be a white noise process.
To avoid simultaneity in the house price we modify the belief setup following Adam,

Marcet, and Beutel (2017).39 We obtain the same observable system but with lagged

We assume agents’ prior variance equals the steady state Kalman variance.

g+ appears twice: in the forecast equation, and in the Kalman-updating Equation through Ineé;.
Since g; depends on 7, but the latter also depends on the former, it is not assured that at any
point an equilibrium asset price exists and whether it is unique. See Adam, Marcet, and Beutel
(2017) for the details. The idea of the modification is to alter agents’ perceived information setup
in that they observe each period one component of the lagged transitory price growth.
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information being used in the posterior mean updating equation:

2 2
Inm; = (0—g) lnmt,l—@ +g In 2=ty e ) (1.20)
2 gi—2 2
Under this formulation, the posterior mean is pre-determined. We may now derive the
posterior mean on the s > 0 periods ahead of price:
1—0% 1 1 QS

_ o5\ 2
EP qi4s = q; -exp (lnmt 0 1_@9 + 50'2(Q T ) > cexp(V), Voxo? (1.21)

For the derivation of equation(2.19) see Appendix (1.B.2). This completes the proof.

1.B.2 Derivation of Equation (2.19)

Equation (2.19) is the result of the following calculations:

S
di
El s = i E] q+s =g, E] exp (111 Qi+s — 1HQt> =g, E] exp (Z A1H<Jt+n>
t

n=1
s
H €t+n
n=1

= Hn IE;PetJrn =1

S
=q Ef exp ( Z lnmt+n> . Ef

n=1

s n—1

= ¢;-El exp ( Z {Z gjlnvt+n_j + Q"lnmtD
n=1
s n—1

j=0
=qt 'Efexp <lnmt : Z Qn> ~Efexp (Z Z lenthrnj)
n=1

n=135=0

~N

1— oS
¢ lnmt>~exp(V), V x ol

I-o

=q;-E] exp <Q

__ A8 1 _ 75\ 2
1 1
- +§a2(g ) )-exp(V), V o2

— E;P(h-i-s =(qi-€exp <lnmt -0

1.B.3 Aggregation and market clearing

To achieve goods market clearing, each goods market for a variety 7 must clear. For no-
tational convenience, we define yz+(j) :=cu+(j) + () + Ve, u(j), as the total demand
for good (H,j) coming from one typical H-consumer. ¥, := (1 +7rt)*1%(bt)2 is the real

cost of intermediating the position of an H-citizen in the union-wide bond. This cost,
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just like consumption and housing investment, gets passed along down to the varieties:

1
Uy g = (Pfjt £)7 < A\U,. Goods market clearing across all goods markets requires:

pi= [omedi= [vmaai+0 =) [vi i+ [ @ui)d

where ®;(j) = (ng(tj))_G ®; and &y = § (I — 1)2yH7t account for the price adjustment

costs from the firm side. Since housing investment requires domestically produced goods
we have that x; = rg and z; = 2%,. And therefore 23, =0 and zr; = 0. Aggregation
and successive substitution eventually yields the domestic and foreign aggregate good

market clearing conditions:
K 2 *
<1 - §(HH,t —1) > Yy =y + (1 =7
K N %
<1 — 5 (IR — 1)2) yr (1=7) =wre+ (L =7)yE,
Further, the bond market clearing condition is given by:
YPibi1+ (1 =) P by =0.
Market clearing in the housing sectors is given by:

H(xi—7,&) = (he — (1= 6)hy—1),
H(x{_r,&50) = (hy = (1=0)hi_y).

Finally, the balance-of-payments Equation ensures that the household budget constraints
hold:

VY E4Prt — Pre(1 =)y +7 (Pibipr — (1 +44-1) P—1by — by) = 0.

1.B.4 Walras’ law and Balance-of-Payments
Walras’ law

To make sure the economics of the model with home bias checks out, we prove that
Walras’ law holds in our model economy.

We start by providing a list of all market clearing conditions, household budget con-
straints, and relevant variable definitions (assuming 7; = T;* = 0), with equations involv-
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ing more than one good being in nominal terms (i.e. units of union-wide currency). In
doing so, we make use of the micro-foundation of the debt-elastic interest rate rule that is
presented in Appendix (1.A). The set of market clearing-, profit-, and budget-conditions
is:

(GMC) (1 — gﬂ—%{,t> Yy =VYHL+ (L =7)Y
(GMCY) (1= Zh) yie (1 =) = Ak + (L= DY
(HMC)  H(z4—r €t—r) = hy — (1— 6)hy_1,
(HMC*) H(zi_.,§t—r) =hi — (1 =0)h{_,
(B) yPibeyr+ (1 =) P by1 =0,
(BC) (cut+zmt)Pat+ (cre+are)Pre+ Prgi(he — (1 —06)hi—1) + Pibes

=Wing+ (1 4i—1 — by) Pr_1bs + H(xi—7,&—7) - Prqs (1.22)

_ P 1+(1—v)P -
+ P+ (B 1—1)%3—15,

(BC*) (cus+ahe)Pus+ (cpi+2p ) Pr+ Plaf (hi — (1=0)hi_q) + P b4

=Wini + (1 +ig—1 — by )Py 1by + H(xi_,,&—7) - Py af

— P —y) P *x 7ok
+PY;+ (B 171)%37& ;

K
(¥) PXy=Pgy (1 - §7T12q7t) yr — Wing JFPtfl%[thy

() By = Prg (1 5wk ) v — Wimg + Py S ]2
These are 9 conditions — Walras’ law now asserts that any one of these nine conditions should be
obtainable through the summation of the remaining eight conditions. We show that the collective

of all equations, except for (B), implies equation (B). First, plug (HMC) and (X) into (BC') to
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get

K
(HmoeseB) (¢t +xHt) P+ (cri+xp:)Pre+ Pibig1 = Py (1 - 577%1,,5) Yt

+ (1 +i—1 — b)) Pe—1by + Pi—q % b2+ (B~ = 1)(vPi—s

+(1=7)P1)b
K .
=Pp; (1 - §7T§{,t) Yt +(1+ie—1)Pr—1bs — Pt—l%[bt]Q
+(B7 =) (yP—1+ (1 =) PE)b

= (HMC&XZ&BC) (CH,t + xH,t)PH,t + (CF,t + zF,t)PF,t + P (1 +7Tt)_1%[bt]2 +Pibyy1 =

| —
=0,

(caitarue+VYu)Pai+(cri+ore+Ypr) Py + Pibip1 =
Py (1 - gﬂ%{,t) ye+ (1 +ii—1)Pi—1by
+(B 1) (VP + (L=7) P )b
— mmeesene) Y(yHtPH+YF PR+ Pibiy1) = Pty (1 - gﬁz%l,t) Yt
+(14ir-1)Poaybe + (87" = D)y (yPe1 + (1 =) Py )b
— (HMogseBcecMC) Y(yHPHt+YF+Prt+ Pibiy1) = Prt (’YYH,t +(1— V)Y%,t)
+(1+i1)Peaybe+ (B~ = Dv(y P + (1 =) Py )b,
and symmetric derivations deliver
(HMC*&E*&BC*&GMC*) (1 =) (v« Prt+ i Pre+Pibi 1) = Pre (vyre +(1—7)yFy)

(i) Py (L=m)by + (87 =D)L =7) (7Pt + (L= 7) Py b
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Now adding the two equations gives:

(HMC&%&BC&GMC) + (HMC* &S *&BC*&GMC™)
Y Pebesr + (1 =) by ] = (L i) [y Pe—1be + (1 =) Py by
— (B =D Pea + (1=Py) b+ (1 —)b"] =0
~—_——
=0 by choice of b,b*
Now if the initial bond levels (which are model parameters) are chosen in agreement with the

bond market clearing condition, i.e. yP_1bg+ (1 —7)P*1bp =0, a simple induction argument
over t establishes (B), Vt.

Balance-of-Payments

In Appendix 1.B.4 we establish that
(HMC&S&BC&GMC) Y (YH’tPHﬂg +yrtPrt+ Pibi1

. _ Pi_1+(1—~)P}_ -
— (L) Py — (87— 1) IR py )

= Puy (wm +(1- V)Y?{,t)

(mHMcres eBCreamc®)  (1—7) (YT'{,tPH,t + Y},tPF,t + Py — (L4ii—1) P 1 bf

- (B_l o I)VPtfltj(i*'Y)Pt71 Pt*—lg*)

t—1

= Ppy (’YYF,t +(1- ’Y)Y?,t)
This is equivalent to

(aMoeseBoeGMC)  VYF PRy — Pai(L—7)ym: +7 (Ptbt+1 —(144¢—1)Pr—1by
Pi_ —)P} =
(gt -1 1+P(t1717) 1 Pt,1b> -0
HEMC*es eBC eaMc*) (1 — 'y)qu’tPH’t — Pryyre+(1—7) (Pt*b;"_H
) _ Pi_1+(1—7) P} =

(i) Prgbl — (3 - )Pt R 1+P(: 1” t‘lPt*_lb*) —0.
Now both equations dictate that the value of net imports in the respective country (imports
less of exports) be covered by an equal-sized increase in the level of debt. By Walras’ law (see
Appendix 1.B.4), the whole list of market clearing conditions, budget constraints and relevant
variable definitions, (1.22), is equivalent to (1.22) without (BC),(BC*) and augmented with the
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balance of payments equation

P, 1 " P’ 1 PF N
(BOP) ~(1=N(—5")" Sy = (1= (1= A) (52075 i
t t

(B = @i @) = (57 (3 ) )1 1D) 0.

where we have used the demand schedules to substitute out the H and F' good variables that
do not feature in the MSV-representation of the model, and we have divided by P; to get the

representation in units of country H’s final consumption basket.

1.B.5 Nonlinear Equilibrium Conditions

As a starting point to solving the model, we collect all equilibrium conditions in a parsimonious

fashion by performing light substitutions.

Expressing price levels with only inflation rates and terms of trade

Define the terms of trade as

This entails




1.B. Proofs and Derivations

and allows us to write

1-1/cy—1_ L=A 1-1/601 - A1y 1-1/6\—1 e
Ht = (HH,t ) + (St ) + | ——s + (HFﬂf ) ’

. IRYFND AP SR VAP WS ED L SN I NI S i
Iy = (HH,t ) +m(5t ) + w0t + g, ") )

1

*% [ 11} 1/37*1'(*2)

— A+ (1=N)s;

P () =pr (> 1-nsY 50, pr(l)=1-),

)

(P]ft’t)_é st +(1>\)} 7 —pp(s) ¢,
)
)

Pa(s) = —pp()2 " Vas s <o, plp(l) ==,
1
<

1 1
Py \ ¢ T . L L1 71 (—3) . 1
(P*’t = | (1=A)+\"sp } —pt(s0)F,
t L
PH () = (prr ()27 0, pr(1) = A,
P -3 [ 1 1/1 7 (=2)
N 1—1 — IS 1
<}i’<t = [(1-X%)s, <—I—)\*} =:pp(s)~%,
t L
PE () = —GRe) Y 1A 50, pE(1) =—(1-X7),
_ 1
P [ s Yepa—n R o(os)
D _ =:p(st),
b _(1—)\*)5;l s 4
sTHs * * _
P (s) = ()" A —a—na-a >0, pI(1) = AN = (1= A)(1= %),

((1_/\*)31—1/§+/\*)

We have characterized every expression that involves any consumption price level in terms of the
inflation rates and the terms of trade. This means that we need not track the price levels which

are determined in equilibrium only up to a translation.

Condensing the set of market clearing conditions

Using the expressions above, and the demand schedules for varieties, we can rewrite the goods

market clearing condition into

R _1 K 0 K —1
(1= 5 e = 1) €amer = Y Apr(se) ™S ye (L= 7) (L= X (s0) ¥v7,

(1 £ = 12) 0mi (1-9) = 31— N (s0) L (1= )X 1)
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We can use the expressions above also in the BOP equation (derived in 1.B.4), to receive

(BOP) ~7(1—Npp(s)' "5yt — (1—)(1— X )pf(s0) " p(se) "'y
+ (ber1 = (Tie—) (A +m) "o = (B~ = 1) (v + (L=y)p(se—1) ") (1+m) ~'b) = 0.

We are now ready to state the set of nonlinear equilibrium conditions.
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Nonlinear equilibrium conditions

For simplicity we drop time to build here. Using the short-hand notation y; := ¢; +x; + (1 +
Wt)*lg(bt)Q (analogously for *):

Household
Ehtht_y P{§Ct+1 ( C¢ >g }
h =221t 1 3(1-9)E : ,
( ) qt fc,tCt_U 5( ) t 3 Cert qt+1
@
() 2 =y, (1.23)
gc,tct 7
o
o 1o {Ea () ),
et \Ctt1
() 1=q &)™ ",
Household*
* * * Ent (h‘;()iy P{SCH»l( c;tk )U * }
h = s+ B(1-0)E 2 - ,
( ) qy fh,s Eh.ss fc,t(Ct)_" 5( ) t €t i Qi1
o X(np)® .
n S =y,
) Ealen=
* g ) C* 7 *
o) 1=pep {2 (L) i),
£C,t Ct+1
(%) 1=q; & st (@)Y,
Interest rates
1+ip—1 — by
1 =
(r) l+4m T )
" o 14ide 1 — by
1 =—— Tt
(T ) +Tt 1+7Tf 9
Firm
w _
(PC) R(HHJ—1)HH¢—(1—6)—6(1—#)5%,0,,(&) 1=
a,
EP {Bgc’tﬂ( ot )afa’tﬂntﬂ k(Mg ¢ 1—1)1'[2 }
! et \ctt1/) Caemelliyn i Hitrd [
Firm*

(PC*) k(Ilpy—1)IIp—(1—€)—e(1 —Tg)gwj Pi(s) =

a,t

EP {ﬂfc,m ( ci )" Ca,t+1M7 41 k(M p,41 — DITZ }
t , - Fit+1
Seot Cf+1 fa,t”fnﬁl e

Bond market clearing

(B)  Abtr1+(1=7)p(st)biy =0,
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Goods market clearing
(GMC) (1= 5 (Mare=1)?)aumey = YApa(s0) S ye+ (1=7) (1 =X Ipir(s0) 757,
— S =12 )ami (1 =7) =7 (1= Npr(s) v+ (L= DN Ph(s) 77,
(BOP) (1= Npp(se)' S ye—(1—7) (1= A)pf(s0)' < p(s) "Ly
7(bt+1—(1+it_1)(1+77t)_ by
— (BT =D+ (1= p(st-1) ) (14 m)71B) =0,
Housing market clearing
(HMC) n "2 =hi— (1= 0)he—1,
(HMC) (1) 7' o2 (a7)" = hj — (1= 8)hj_,

(GMC™) (

5.’1755
Price indices
iy
(s) st= T St—1,
1-1/6y—1 , L=A 1-1y6, -1\ 7! A1 1—1/ev 1\~ 11 =077
(H) Ht: |:((HH7t/g) 1+T(8t /C) 1) +(1_)\8t /§+(HF7t /§) 1) j|1 1/g7
1-1/¢)— AT a-1/e 1T, (1A 1-1/e\ 1\~ 110k
(IT%) Hf:[((ﬂH’tk) 1+ﬁ(5t /<) 1) +< s /<+(HF¢ /<) 1) ]1 75

with the shocks (§¢)¢>0, the allocation variables (c¢, ¢}, bs, b5, he, by, xe, 27, ne,nf )e>0 and the price

variables (’LUt,’LUz(,Qt, qz‘7it7HtaHz€aHH,t7HF,t7St)tZO~

1.B.6 Proof of Lemma 2

In this section, we prove that there exists a unique non-stochastic steady state with zero net in-
flation and parity in the terms of trade Pp ¢/ P (which implies parity in the real exchange rate
P,/ Pf, see the definition of p). We prove this first for arbitrary parameters 7,1*,&p, s, §m755,§,’:788,
&r.ss> and then show that it is possible to select parameters such that the steady state alloca-
tion is symmetric. The non-stochastic steady state with zero net inflation and real exchange
rate parity (“SS” for short) obtains by setting Var[|{:]] = 0, where the shock vector contains
both actual shocks and shocks that are only perceived (and never observed) by the household
within her perceived house price model: & = (§a’t,§C,t,§h7t,§x,t,§i,t,et7vt)T. Thus, the non-
stochastic steady state represents the time-invariant equilibrium that obtains if agents do not
expect any shock to ever materialize and indeed no shock ever does materialize, and we have
& = (LLﬁh,ss,fm,ss,l,l,l)T almost surely where &}, 45,8z,ss are model parameters. We are in-
terested in, and prove existence and uniqueness of, a non-stochastic steady state in which the net

rates of inflation are zero and in which the terms of trade are at parity. The latter assumption

72



1.B. Proofs and Derivations

implies pr (1) =p3(1) =pp(1) =p5(1) =p(1) =1.

Beliefs are irrelevant in the non-stochastic steady state. The first relevant
insight is that in the non-stochastic steady state, defined as above, the presence and precise
parameterization of subjective beliefs over house prices is irrelevant. To see this, recall that the

subjective house price expectation dynamics are fully characterized by

o 1 2
Vs> 0,E  grs = qi - exp(lnmt i — —|—202( 11 Qg) )-exp(V), V x o2
_ _ oy G—1 0o (1.24)
Inmy=(1—g) | Inm—1 — -2 | +g(In— +
2 qt—2 2

+ equations determining equilibrium-evolution of price level, g;.

Now recall that the non-stochastic steady state represents the unique equilibrium of the economy
when the variance of actual and perceived external shocks tends to zero and the initial conditions
are selected such that they give rise to a constant path of equilibrium variables. Formally, the SS
arises by replacing Var[|¢;|] with p2- Var|[|¢|] in the model, taking the limit p — 0, and solving for
the fixed point of the equilibrium equations. Applying this logic, o¢,0,,0 — 0, to the equations
(1.24) delivers

Gss = (4ss " €XP <lnm59 07145 = +O) ~6Xp(0)
Inmss = (1—g)Inmss+9g-0

from which we see that there exists a unique fixed point which is mss = 1, regardless of the level of

ss- This means that the presence of subjective beliefs has no consequences for the non-stochastic
steady state: provided that agents have the prior that house prices do not change, mss =1, the
absence of perceived and actual shocks means that house prices indeed never change which, in

turn, means that the prior of constant house prices is never changed.

In summary, iff a non-stochastic steady state with zero net inflation and terms of trade parity
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exists and is unique, then it solves the following system of equations.

Household
(h) Gss = Eh,sshs_sycgs +ﬂ(1 - 5)(]557
(n) xnfcls =wss, (1.25)

(0) 1=pB1+rss),

(@) 1= s Eapsstls )

Household*

(%) s = & 55 (hss) ™" (€55) 7 + A1 = 8)g5s,
(n*) x(ngs)?(c5s)7 = wis,

(0%) 1=p51+r%),

(@) 1= & esl(ai)"™

Interest rates

(r) 14rss =1+4iss — b,

(r)  14rgs =1+1is — Y3,

Firm

(PC) wss=1 using that 7¢ =1/,
Firm*

(PC*) wi,=1 using that 7°=1/e,
Bond market clearing

(B) bos+ (1= )bl =0,

Goods market clearing

(GMC)  nssy =7Ayss +(1—=7) (1 =Xy,
(GMC™) ngg(1=7) =7(1 = A)yss + (1 =1)AT¥s;
(BOP) 5(1=Nyss = (1=7)(1 = A")yis = (issbss + (57 = 1)b) =0,
Housing market clearing

(HMC) 07 6y 55(w55)" = Shss,

(HMC™) (7)€ 5 (al,)" = 0B,

where b,b* are model parameters (see Appendix 1.A for an interpretation) chosen so as to (i)
ensure equilibrium existence, and (ii) ensure that (§1) vb+ (1 —~)b* = 0. We solve for the SS in
4 steps.

1. First, we solve a number of equations explicitly, thus substituting out a number of vari-

ables:
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(a) (b) and (b*) together with (r) and (r*) and (B) imply bss = bl =0 and iss =

B~1 —1 whence it follows yes = css + 2ss and analogously for *. (§1) then implies
b

(b) (PC) and (PC*) imply wss = w}, =1;

(c) together with (n) and (n*) this implies ngs = (X—l)l/‘P'CS—SO'/W =: ¢(css) with ¢’ <0

and analogously for n}, with the same function ¢;
(d) (HMC) and (HMC*) imply hss = (0) "¢, ssm~ Lz ds and analogously for h¥,;
(e) (h) and (h*) imply (with 3 := (1 —4))

Gss = (1 _B)ilgh,ss [57151;,557771I28} v cZ,

G = (1-8) s [0 M) T (020" ] ()7

(f) (BOP) now reads v(1 —N)yss = (1 —7)(1 = X)yi, — (1 —7)(B~' = 1)b*, and the

(=) (1= A)z5s =
) produces

symmetric (BOP*) which is redundant by Walras’ law reads
Y(1=Nzss+ (1 =) (B~ = 1)b*; using this in (GMC),(GMC*

(GMC) ¢(Css)ZYS5+(1_7)/7'(ﬁ71_1)b*7
(GMC*) ¢(C:s) :Y:s - (ﬂ_l - 1)5*7

2. The remaining equations are (z), (z*) and (GMC),(GMC*),(BOP) with unknowns 2, 2, css, 55, b*.
In this step, we show there are strictly increasing functions that yield x5, 5, given css,Chq

respectively. Start by plugging ¢ss into (x):
S\ —1 _ _ - _
(1 _ﬂ) fh,ss [6 1530,5577 19525} chsfz,sszgs =1

(the equation for * is symmetric.) Now since 1 € (0,1) and v > 0, the expression on the
left-hand-side is a strictly decreasing function of xss for any cgss. Moreover, for g3 — 0,
the LHS — +oo and for z53 — oo, the LHS — 0, whence Bolzano’s intermediate value
theorem (and continuity) ensures that for each css there exists a unique zgs. Call this
implicitly defined mapping xss = ¥ (css). As the implicit function theorem shows, n,v,0 >0
imply 7' > 0. Analogous arguments hold for *.

3. We now insert our previous findings into the only remaining equations:

(GMC) d’(CSS)*Css*TZJ(CSS)*(I*V)/'Y'(ﬁ_l*1)5* =: C(Css,l;*):()»
(GMC*)  g(csy) = o =" () + (871 = 1" =: (*(¢5,,0") = 0,

Observe now cgs — ( is continuous and strictly decreasing with lim._o( = +oo (by
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lim.—,0 ¢ = 400 and lim.,0 % < +00) and lim._, 4 o0 ¢ = —00 (by lim.—, 4 » ¢,% = +00 and
lime—,00 ¢ = 0). Therefore, Bolzano’s intermediate value theorem ensures there exists a
unique ¢4 for each b*. The exactly analogous argument ensures existence and uniqueness
of ¢,. Call these mappings w : b* 5 o5, 0" b > cts. The implicit function theorem
now yields:

Ow /db* < 0 and dw* /Ob* > 0.

4. Finally, only one equation remains, (BOP), with only one variable, b*:

A(1= Ve (b) + ()] — (1= 7)1 A () + 4 (=" (5°))
+(1=) (B =" =H(b*) =0

with b* — H continuous. It also holds that limz. , __H(b*) = —00.%0 On the other hand,
as b* — 400, H — +00.41 Thus, Bolzano’s intermediate value theorem ensures existence
of a b* € R that satisfies the BOP-equation and thus existence of a non-stochastic steady

state.

Uniqueness of the steady state can be shown by establishing strict positive monotonicity

ment; (2) Y(1=N)[w+yow]+(1-7)(B7" = 1b* =71 -A)[¢— 52 (5 = b*]+(1-)(57" -
Do* =~5(1 =N+ A1 —7) (B~ —1)b*, where the second equality is a consequence of (GMC);
(3) limg. , @ = +oo (assuming the contrary will produce a contradiction with (GMC)); (4)
lime 0 ¢ = 0; (5) steps 1-4 now imply H(0*) <y(1—=A)p+A(1—7) (8~ —1)b* — —oc as b* — —oc0.
O

HProof: (1) v(1—A)[w@w(b*)+1(ww(b*))] > 0 by non-negativity of consumption & housing invest-
ment; (2) —(1—X*)[@* (b") + " (@*(0%))]+ (B~ = 1)b* = —(1=A")[p(c5,) + (B~ =" ]+ (871 =
Db* = —(1—=A*)p(ck,) +A* (371 —1)b* where the substitution is made using the definition of w*;
(3) limp. _, . @" = +oo (assuming the contrary will produce a contradiction with (GMC™));
(4) Fact 3 and lime, o0 #(c) = 0 implies H(b*) > —(1 — A*)d(ck,) + A* (B~ —1)b* — +o0 as
b* — +o00. O

40Proof: (1) (1 —\)[ew*(b*) +1*(ww* (b*))] > 0 by non-negativity of consumption & housing invest-
1
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of H: (we suppress arguments for brevity)

on :wu—mu+w%ﬁ—u—wu—Awu+w%w“
+1=-1BE-1
step 2, cf. notes below: > —(1—9)(1 =N (B 1=1)=(1—y)1-A")(B1-1)
+(A=-7B 1)
= (1-B =D -1+A=1+)
A+ -1
step 3, cf. notes below: = )\—1—1—1%(1—)\)—1

“EN (L — A=y (1-N)

> 0 by assumption.

Step 3 follows by symmetric home bias, i.e. (1 —-X)=(1—-79)(1-X*) < A" =1-

ﬁ(l — A); Step 2 requires slightly more work: First, use the implicit function theorem

n (GMC)&(GMC*), respectively, to obtain

. ac/a SE(BTI-1)

T T8 foe . - (rd)
acr/ob* _ —(B~' 1)
R — = 0:
T R (R R
Second, recognize that since ¢’ < 0 it is
1+1/}/ 1+1/)I
<l ————>-1
1+¢/—¢/ —(1+9)+¢
OH

and symmetrically for *. This shows that > 0, and the SS is unique.

ob*

Finally, notice that since existence and uniqueness follow for arbitrary parameters n € (0,1),n* €
(0,1),5;1755,53;,35,5;’;78575;55 > 0, it is possible to set n* >n and then choose &z 55,87 5 S0 as to
ensure that both (HMC) and (HMC)* hold if hss = h}, and zss = x¥,. Given this choice of
§a,55:6x,55, and the symmetry in housing stock and housing investment, it is then possible to
select &p ss,&}; 5 such that the equations (z),(z*) hold. It then follows that css = ciy,nss =

n’,,b=>b* =0, and the allocation is symmetric. This completes the proof.
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1.B.7 Derivation of the household’s subjectively optimal

plans

In this Appendix, we provide a formal derivation of the linearized subjectively optimal household
decision rules presented in equations (1.9) and (1.10). Throughout the derivation, we concentrate
on the representative household in H with the understanding that the situation in F' is symmetric.
For simplicity, we omit domestically produced housing investment goods. This does not affect

the layout of the proof below.

Consider the household program presented in Section (1.3.1), which is restated here for conve-

42 We first clarify the shape of the underlying probability space to set the appropriate

nience.
frame for the following derivations: denote Q 3 wy := (&, ¢, we, ¢, 7, (PH7t/PF,t),qt)T the vec-
tor of external decision-relevant variables that the household takes as given, denote Q! 3 w? :=
(wi—s)s>0 the one-sided infinite history of past external variables and denote Q> 3> w 1= (wt)tez
the typical element from the set of possible realizations of full sequences of external variables;*?
denote B*° the Borel-sigma-algebra over 2°°. Each household is now endowed with a probability
measure P over (2°°,B8°°) which encodes her subjective beliefs over the realizations of external
variables w. Rational Expectations, denoted P =P, are a special case of this setup where P
is the (unique) measure generated by the distribution of £ := (£§;):cz and the equilibrium con-
ditions that allow to compute w\¢ as a deterministic function of £.44 As explained in Section
1.3.1, we assume P to be of a particular form, that is we assume that P =P, @ P_,, where ® is
the product measure (statistical independence), Py is the distribution over (g;):cz generated by
the unobserved components model (2.4), and P_, is the rational expectations measure without
house prices-i.e. the measure over w\q = (&,7+, we, ¢, T, (Pt /Prt))iez that which is consis-
tent with the equilibrium-implied joint probability distribution of w\g. Consequently, for any
two measurable functions f:R — R, g: RI™2-1 4 R we have

EP[£(qr) - g(wi\ae)] = / FPy(dg)- / GP_4(dw\g).

Finally, EY is the expectation implied by P conditional on the sigma-algebra generated by w?.

Now, at each calendar date t € Z, the household takes as given w’ and chooses today’s con-
sumption, labor, housing, housing investment, and bond levels, (c¢,n¢, he,x¢,bi41), as well as

contingent plans for the future, {(cits,Ne+s, hits, Tits,brrsi1): QTS — Ri x R}sen, , to max-

42We ignore the terms T}y, bsy s since they will be zero in the equilibrium we analyze. All deriva-
tions go through if these terms are non-zero.

43We restrict 2 to be the set of absolutely summable sequences.

44For any three vectors x,y,z where & = (y,2), we define z\y := z.
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1.B. Proofs and Derivations

imize
plte
fct+sct n t+sht y
EP s +s ’ +s _ Mits ) ibiect to
=

(1.26)
Cits+ Gits(Ptts — (1= 0)higs—1) +bist1 +Tigs = WigsNits

+ (L+7e4s)bers + qrts - 5””’;“ af o +54s, Vs>0, P-almost surely,

as well as subject to a standard no-Ponzi-game condition on b. The first-order conditions for
program (1.26) (suppressing the transversality conditions) are:

Vs >0, EetrsCy L sQtts = Entrshy s +B(1— 5)E;‘,P+s{gc,t+s+16;f5+1qt+s+1}7

-1
n) Xn:‘,p-i-sfc,t—i-scg-i-s = Wt+s,

b) Lerrscits=BEL{(1 + Pipst1)e trs 16 Ceq1 )
TP —o n—1 —o (127)
) BTEiys (QtstrlettstrCilsir Sattstrliss [ = EettsCiis)

BC)  ciys+Giys(higps — (1= 0)higps—1) +bigsg1 + Tigs = Wit sNits

+ (1 + Tt+s)bt+s + Qt+s - £x7t7+s J)?+S r + Zt—‘,—s

In close analogy to the standard procedure in a model with fully rational expectations, P =P, we
now derive a linear approximation to (1.27) that — together with the other linearized equilibrium
conditions — allows to solve the model to first order in the amplitude of shocks. The specific
challenge here, with P =P, ®P_,, will be to compute all expectations explicitly that depend
on house prices, . This includes the house prices themselves, (g¢4s)s>0, as well as expectations
over future contingent choices, (Ciqs,Mt+s, Rits, Tits,Ditst+1)s>0-

To first order around the steady state*® from Lemma 2, in which we have 14745 = 71, ynZsc?, =
Wss(=1),qss = En,sshsy c7s/(1 —B),ﬁqusﬁx,ssacg;l =1, it holds that, Vs > 0:

Cois— Ll irs—PEP 1o —L1E ~ = ~
~ 1 - t+s T gSc,tts t+s t+s+17 5Se,t+s+1 1 ‘It+s_BEZD+S{‘It+s+1}
h) hits=8nt+s+ 7 =5 - -5 )

n)  Phgtrs+0Cs —Eetts = Wits,
b) Crps—Liys=—LEi {7 EP .1G 1z
) Ciis Ufc,t-i-s =5 t+s{7‘t+s+1} FIy o) Citst1 afe,t+s+1 )
~ ~ Sy 1.2
) Elisli+str —Elys {00t+s+r - §c,t+s+f} (1.28)

+ (UEt+s - fc,t—i—s) +Eit s trstr = (1=n)T¢s,

(BO) bryor1 = Fbots+ 8mes (D s+ M) + Dos — S2Crps

— M[ﬁﬁ_s (1 5)ht+s 1] + zss 5 (xt—i-s—‘r - B $t+s +gx,t+s) .

Yss

45Technically, we are scaling Varp[|w|] — 0. This is consistent, however, with the definition of P
and Var[|¢|] — 0.
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To characterize the household’s expectations over own choice variables, start with the optimality

condition for liquid bonds. Iteration over future instances of the condition reveals:

(b) Ciys— %fc,tJrs = *% Z Etys{Tt4s4n}+ nlggo Ef+s€t+s+n-
n>1

To keep notation concise, we define for any random process (k¢ )y: EE_ koo :=1imy 00 ]Efﬁ_ skttstn-
We implicitly assumed here that a law of iterated expectations holds for EF'¢; ¢ — at the end of
the section we verify that the EPEOO we recover does indeed satisfy a law of iterated expectations.
Careful inspection of equations (1.28) reveals that E7, " sCoo is the only subjective expectation of
a choice variable left unknown. This is because the law of iterated expectations for P allows

substituting (b) into

1 ~ _
oo n>1 Et-ﬁ—s{"”t-ﬁ—s+n}_[3

(h) hiys= L& iys — 2 = =
(n)  PNgys+0Cis — §c,t+s = Wiys,

(B) Cors— 2eprs =—2 ) Boro{Popsin} +EL oCoo,
n>1

Zn21 ]EH—S{TH—S—H’H—I} 1 ‘IH-S_BEZ:_S{‘H-Q—S-&-I} ]E
v 1_5 t+sCC>07

Y SIE

(@) EfisGrtstr — O Bors{Prrsin} +Eopslatpotr = (1—0)ers,

n=1
~ -
(BC)  bitst1 = 5biys+ %(wt—l—s +Niys) +Zt+s - 7Ct+s

— Geshes [y o (1= 0)hypsa] + 222577 (xt+sfr_ﬁTxt+s+§a:,t+s>-
(1.29)

Now to find EF¢,, (and characterize the choices at calendar date t), we first use the budget

constraint for some s > 7. Start by plugging in the optimality conditions:

~ ~ R - N "
(BO) bitst1 = gbirs+ 22 (14 1/@) Dy s+ Xpps — Cssnsys+w (Ct+s €Cvt+5) ysSa§C t+s
b~ ~ R N ~
— s [ (1= )R]+ 2257 (T — 7 F s+ Erits)

_ Css+nsswssa/¢+6QSshss‘7/VE C
Yss t4s5~00

ottt L (Gro = BER, {drsia} = (1=0) (drsm1 = BEL o 1 (@41}

T ;22 m (E;P-Q—S—T{Z]\t-‘rs} - BTEZ)+S{@+5+T})
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where we have defined the auxiliary variables

1 ~ 1 ~
B* 5 o n211Et+s{T‘t+s+n}—ﬁg EnZlEt+s{Tt+s+n+l}
tts hit+s — 3 1-5 )
sk 1 N 1 ~
Crys— Leotys =1 Erpo{fiqsin},
n>1

-
(I=m)y, =~ Z Eits{Titstn} +Eitslo,ttstr

n=1
Notice that the auxiliary variables are composed only of terms over which the household has

rational expectations; thus of terms that fade to zero as s — oc.

Next, we apply the operator Ef to both sides of (BC) and consider the limit as s — co. This

delivers:
(BC) ]Efboo = éEPb _ Css+nssw550'y/:+5q55h550'/y]Et+s OO
<— P~ Yss 6 P 0qsshss/V +xss(B™ _1)/(1 ) 73’\
Et foo = 655+n55w550/¢+6QSsh550/V E b + Yss ]E :|

Now since Equoo can be computed from the subjectively perceived house price model, the only

unknown left is Efgoo To find it, we plug EF ¢, into (BC). At some s >0 we have

TED byys+ Lomsn (141/ @) By s + By Sy — St Roetes0/P, (Ct+s - %567“#”)

(BC) Elbipspr =
SSEt[hz;s — (L= )iy o)+ 22 BTED (Bvomr — B 8ers +Eurtrs)

- yssU tgc t+s —
%Ef/b\ 5‘Zsshss/l’ +Is;§(? T-1)/(1—n) E’F”\
sshss - - 2 -
feattas b 151@73 (Qt+s BEL {1511} — (1-0) (Qt—l—s—l - BE;Z—S—I{CR—I—S})) :

After defining the auxiliary variables

Zps = U (1 1)) By Sy — R0l (G _AE ) - e E
SShSS 7 SS
— ashss (hr (1= )R] + 2287 Ep s, (1.30)
SShSS —~ —~ —_ Y
Qups 1= Loten 15 <Qt+s 5Et+s{%+s+1} —(1-9) (Qt+s—1 - BEf+s—1{qt+S})) ;

we can rewrite (BC') into

wfj B_TEf (Tpys—r — B Tpys) + EtPQt+S

(BO) Elbsspr= *Et bys+Eezfy +

%Efb 6qSShSS/V +IS;S(;8_ -1)/A- n)EPA
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Performing backward substitution until s =1 delivers

(BC) ]EfgtJrSJrl:ﬁ_sZtJrl_ﬂ_s(l—Bs)%[ 12PE by +5qsshss/”+xs;§f T-0/A=npPs

S
+B7°) BN (Eezfin +E] Qopn) + 87 L2577 Z B"EL (Brin—r — B Ttin)

n=1 n=1

S S
bryr+ Y B (Bezfiy +EL Qrin) + 22877 Y " B EL (Frn—r — B Br4n)
n=1

n=1

< Efi)\t+5+1 7Efi)\oo = ﬂ_s .

b 0gsshss/v ss T — —~
~El oo — (1— %) 1L Mssheslv Hes BT 2D/ n)Efqm}'

Yss

Now since we know that lims_mo]EZ)gH_S exists, it must be that the left side of this equation

tends to zero as s — co. But since §7° — +00 as s — oo, this implies that

(o]
E7boc = br+ Y 8" (Busin + B} Quin) — p Sshieslt beeell T0/0 Py,
n=1

+5=67 Zﬁ EY Ztin—r— B Tiyn)

n=1

so that we can characterize Ef’c\oo entirely in terms of variables that are either pre-determined,
current choice variables (i.e. known under EF), or variables of which we can compute expectations

in closed form (be they rational or not):

Efeoo Css +n55w58‘7/¢’+6q\55h550’/y ﬁ bt+1 + Z B Etzt+n + Et Qt+7’b) x“ /6 Z B 'rtJr’FL T

n=1

In the last step, we explicitly characterize the subjective expectation Ef > o2 1 B"Qt4r in terms

of the processes governing subjective house price expectations, namely gy, m;.

Recall that for any s > 0 we have EP g5 = + (1 — gs)lfgg?%t, so that we have

Ef Quys = qsysiss 1.1 -5 (Et Gr+s — BET {Gegss1} — (1— )(Et Qt+s—1— BEZ){CIAHs}))

~

ssPss 2
= thes 1A (50— 5)G, + (1 - o)y — (1 — o) g

— 0"
= —5( 1-8 q’f+mtlgg[5(1—B)+(1—59)(1—Q—6)9871})
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which in turn implies
1-Bol-0-0 (1.31)

6 ~ 1)
(29 + ety [ 25 + 22 757 ).

I 3

BQSshss 1
tT—p

ZﬁSEth+S Yss V

s>1
Notice that, as claimed in the main text, it is that

1—p—6
£ 1_Qﬁg >07 vﬁvéage (071)746

=l

]__

Ql

6
5t
so that the coeflicient of the posterior expected house price growth rate onto the series is positive
We now have characterized the household’s decisions at an arbitrary calendar date ¢ up to first

order around the deterministic steady state:

(h) hy = %gh,t —c z nZlEt{?Hn}—lli% ZnZlEt{;‘\H-n-H} %qA n %%Qﬁnﬁ- %E{;P/C\OCM
(n) @/ﬁt+0/c\t_gc,t = W,
() &—Lie.,=-1 Z Ee{Ti4n} +E] Coo,

=t (1.32)

(@) G+(1- wf’gﬁu N Ei{Fien} + Eebaiir = (L—0)7,
n=1

(BC) bug1= b+ Leslon (@ +7y) + 8 — S22
q.s,;‘:lss [h -(1- 5ﬁl\t—1] +yEBTT (3:}77 ez +§m,t) ,

where, after a few rearrangements,

66]sshss/y ~ = 0 1-3@1-@—(51—ﬂ
P . .
]E COO_CssJFU/SD'nsswss+5q$shss0/l/ |:Qt+mt 19( 173 1-po 4 >:|
>0Vf3,0,0€ (0,1)
T—1
2 5 lz B Ee{ztyn}+ 2 Zﬁ Tt + et -

+
Css + 0'/90 “NgsWss T 6QSshssU/V

Lastly, we verify that the law of iterated expectation holds for the explicit formula given for

EF ¢, above. Define

(o]
Ap i =bry1+ Z " (B2, +EF Qiqn) + wss el Z B"Tipn—r

n=1
46 Proof. This follows from the claim being equivalent to the statement f(p) := %(1 —Bo)
11 ﬁﬂg( —0—98)>0,V3,0,0€(0,1), from f being an upward-open parabola with f(1) =0, and
f(1)y<o0. 0O
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and note that the law of iterated expectations holds if and only if E’ A; 11 = A;. Using equation
(BC) to substitute /l)\t+2 in EfAt+1 we arrive at:

P _ _ Css+0/§0‘nsswss 1-BmP _ (Isshssa/l’ 1 P
Et At+1 _At//B Css+0/pnsswWss+0qsshssa/v B Et At+1 Css+0'/90'nsswss+6QSshss‘7/V Et At+1

-8

B
(1_6)(155}7«930'/1’ 1_18A
Css+U/80'nsswss+5q.sshsso'/l’ 5

ts

which can be rearranged into EfAt_H = A;.

1.B.8 Solving the model with Dynare

Although equations (2.20) serve as an explicit solution of the household decision problem at
time ¢,%7 they are not in a form that lends itself to easy numerical implementation, i.e. to
solving the model. Bringing the equations into a recursive form that — when combined with the
other equations describing equilibrium — can be solved by standard methods is the goal of this
appendix.

In a first step, we take care of the appearing infinite sums which are not easily recursifiable. By
that, we mean the forward summation over expected real interest rates, ¢; = —1/0->" < EiTiqp.

In principle, this variable could be recursified as
cf =—1/0 -Eqryp1 + By g

This representation would be incomplete, though, without the boundary condition lim,_, o0 E¢Cy, , =
0. To the best of our knowledge, imposing such a boundary condition is not possible in Dynare’s
native stoch_simul-command.*® Therefore, we employ several rearrangements of the equations
(2.20) in order to eliminate ¢;. First, consider the geometric summation over ¢, which is con-
tained in Y07 | A"E{z;,,,} (2 is defined in equation (2.C)):

oo

Z B”Et{@ln} = _g Z B" ZEt?t+2+n+s
n=1 n>0 s>0
n
= ,g Z EiTt424n - Zﬁs = % [U ZEtTt+2+s += ZﬂSEtTt+l+s
n>0 s=0 s>0 s>1
:]Etfc\;rl

47In the sense that they provide an equation system describing the household decsisions purely in
terms of contemporaneous or pre-determined variables and expectations taken over the objective
law.

48 Although it is possible with the command perfect_foresight_solver, a routine we chose not
to use due to its inability to automatically check the Blanchard-Kahn condition.
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Next, consider the housing terms included in z*:

N I ?* S_B/C\* s /C\*7 S_B?* s
Bulhit o~ (1= 00ty s) = 9B, SePerts (1 g) g, Smafiiee

1-8 1-p
__1ig Pepsp1+(1=B) Y o Tiitsin 1_51E Terst(1=B) Y o1 Tetsin
- Tyt 1,67 +( - ); t 1*67
__18(0-8)2+5m ~ 11-6m.= s -
= _;?)B]Etrr—i-s—i-l + ;fBEtTr-i-s - Z Eiritstitn-

n>1

Symmetrically to before, the geometric summation over these terms that is contained in -0~ 1 8"E¢{z7, .}

thus reads
o0 N R o0 6 2 6
> BEi[hi  —(1—6)hi )= p* [_%%Etﬁ%sﬂ + %%Emﬂ]
s=1 s=1

oo
+ %‘T%E@H + %% ZﬁSEt?st

We can now restate the entire geometric sum:

o0 o0

- S ss 1+1 ssWss " ss —7F
> BBt = BBy [ M (14 1)) D Sy, — eI MNsstes0 OF 4 21ag=TE,
s=1 s=1

CosHNssWssT [Pk qsshss (1% T
—= ZSSSSS Cits— S;,SSSS [ht+s_(1_6)ht+s—1]

00

~ « ss(1+1 ssWss z ss R~ =
= ZﬁsEt [%(1+1/(p)wt+s+zt+s - (Lt /UZ/—:Sn £ a/¢§c,t+s+ ZSS/B Tf:(:,tJrs
s=1

CosFnsswssa/o B 1 gssh 18(1=0)*+6 ~ 11-6~ 5§ B =
e TR o t+lts — o |7y 15 Tt+s+1+;1_5rr+s+§1_I3Tt+s+2
_ Csstnsswsso /@ B Sk _ 0qsshss o B ok

Yss 1_ﬁEtCt+1 Yss v 1_5 Etct+2 :
——

~ 1 ~
=Etci, + 5 Eireqo

The remaining geometric sums may easily be recursified:

oo
ZﬁSEtZZ(+S — ﬂzgk _ 055+nssw550/<ﬁ+5q55h550/u %Eta’i‘rl — MgilEt?tﬁ»Q Where

Yss Yss vi1i-Bo
s=1
~ S css(1+1/0)+ngswsso/p & —TrE
27 = BZfyy + By | Yles (141/0) Dy + Sy — Colit/olinevestlog, ||y ag=r,
_Css“l‘nsswssg/@ B 1~ _ Qsshss _1 5(1_6)2""5’\ 11-0~ I _B =~
Yss T—Bo 27 Ty, [ voo1-g 2Tyt Tyl |-

3 TP~ K 51155}155 1 -~ 9 3 1

Now, defining C :=E{ oo +Eicy 4 + PRIy [ I =y 17 SEiTi 12 allows us to arrive at the
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final Dynare-ready formulation of the household’s decision rules:

(h) he=21& . — ﬁ%Et?f/H —QLEF 2 — LG+ 2 5 omy + 2Cy,

(b) & —2L&i=—1E11— QLIEFii2+Cy,

Yss ’

Css

T—1
BZf + Za= Z BT "% —p + by
n=0

€ Co=QL [G+M-] + Ot 158

Yss Yss

wssnss ~ S ess (41 /o) tnssweso /oD a5 gor
(Z) Z*:BZ* ) s (L +1/@)wepr + 241 Ect+1+ BT T E€x 41
t tHL TR cotnasweso/e 1 gsshss | _1B(1=8)2457 s B8 7 ’
1% D ToRTHH3

= (.,A+ - 11-67"
Yss 1=8 o2 Yss 1 t+2+ 5 1—g mt1
(n) ¢nt oCt fcﬂf = W,

.
~ -~ 0 = ~ > ~
(@) G+ —0")——mi— Y Eeffiyn}+Eilyiir = (1-0)3,

179 n=1
(BO) b1 = fbo+ Ll (@, +7y) + 50— 23,
- qij%[ﬁt —(1=00)hi—1]+ %677 (it_T — 877 +§x,t) 7

(1.33)
where

Q = 5QSshssa/V(Css +0'/30'nsswss +5QSshsso'/V)7l S (0, 1)3
0 1—ﬁ91—9—51—6>
M:= 1+ — >0,
1—9( 1-8 1-Bo ¢
C:=(Css + NssWss0/9)(Css + 0/ NssWss —|—6qsshsscr/u)_1.

(Notice that M > 0 is proven in footnote 46 in Appendix (1.B.7).)

1.B.9 Derivations for Section 1.4

In this Appendix we derive analytical results on the behavior of house prices in a one-region,

zero liquidity endowment economy with instantaneous housing production.

The equations describing the economy are:

— o~

() @ —BEL Gr41 = (¢t — BEL Cry1) —v(1—=B)hy,

(b) G =—0"Efry1+E] Cy1,

(BC) bu1=B""br+0 — 6 — L (he— (1-0)hy—1) + 222G, (1.34)
(B) bip1=0,

(HMC) hy—(1—68)he—1 = —1ey

with the endowment process 7; being the only exogenous disturbance to the economy. Iterating
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on (h) and plugging the results into the Euler equation gives our key equation:

— o~

oo
G =Bl Grr1 — o1 —v(1=Bhe+v(1=5) Y BB hy o
s=0

Proof of Proposition (2)

Under rational expectations, and using the fact that the shocks only hit in period one, we can

use housing market clearing to rewrite the house price equation as:

— o~

o 5 1-5
Gt =Egi11 —Tep1— (1= B)he + (1 - B)(1—8)"(1 - 1_75—6)(%&)
Using the fact that under rational expectations expected house prices have the following form

1-3

E1gz =E133 — (1 - ) (1= 0)e} + (1= 5)(1-6)*(1 - ?Ba)(—bft)
1 = Exii = (1= 3)(1 =8} + (1= 3)(1=8)" (1~ ;) (-re0)

Iteration on this equation and using the fact that the economy returns to the steady state in

expectations gives:

il = ~§(1=F)((1-5) 7 +6)(—1e)

Also note that E1g3 = (1 —§)E1g2. Finally, we can derive the house price for the first to periods

as a function of shocks:

1=—e1—wp(—ter)

{jg = 7(1 — 5)wh(fL€t)

With wy, = (1—73) {(1 —)( 11:56 (1+ 1)+ 5} . This completes the proof.

Proof of Proposition (3)

Under subjective beliefs we need to specifically characterize Efﬁpr s+1- We can make use of the
method described in section (1.3.2). Importantly, we can make use of the fact that the shocks
on the endowment, and hence the interest rate only hit in the first period. As households have

rational expectations about these processes, they posses knowledge of this fact. Applying our
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solution method, and substituting the subjective beliefs housing model, we get:

—~ ~ =~ S\ —~ = —~ y 1_5,\
=q+ont—(1—=0)ht =741+ (1— —qt— ——————=T
Gt = qr+omy — (1= B)hy — 1+ ( 5)[ qt yrogh1_p !
h 1—Bol—p—0 1 1— 1\~
+<qf o Pol-o i o _ )mt
yl—o 1-p 1=Bo 1-Fo" 1—9p8 1-
Rearranging yields:
th:—ht WrTt 1 +Wm my

1— 2\ — 2 h 1-Bo1— 1—
where Wr:1+yy(+hfg) and wy, = (1—74) 1[@—}—(1—6)(6%%9( _B—Q T +1 59)4—1 g —

]_Tlg):| . Further, we have that

Owm gh( o (1-B)(BBp(o+6)—1) i

B =R 0= (T st = e
1—-20 1—fBol—p—6 1 1-5 1
(1—9)2(1—8 1—Be 1-Bo _(1—ﬂg)2+(1—9)2)]

which is smaller than zero for standard parameter choices. THe first to periods of the house
price are given by:

~

Q1 = —wrer — (—Ler)

~

2 = —(1—=06)(—ter) +wmgqa

This completes the proof.

Demand-side heterogeneity

Turning to regional differences on the housing demand side, we focus on differences in the hous-
ing demand elasticity (). Following the same logic as in Propositions (2) and (3), we can derive

closed-form characterizations of the house price with respect to a monetary policy shock.

Under rational expectations, the house price is given by

=Bl —Fier —o(1= B+ (1= F)(1=0) (1= {—50) (=120

Using the same steps as described in the Proof of Proposition (1.B.9) we get:

B

B = —v5(1- A)(1-0)

+0)(—eer)
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The house price response in the first two periods is given by

1= —€1 —whl/(—Lé‘t)

G2 =—(1=0)wpv(—tey)

Given that ¢ > 0, a higher elasticity of housing demand, hence a lower (v), leads to a stronger

response in house prices to a monetary policy shock.

Moving to the subjective beliefs model, we can use the same approach as in the proof of Propo-
sition (1.B.9) and arrive at:

Gt = —Vhi — Q01 +Ommy

- 1— ~ 7\ — ay(gahv" 1-Bgl—g—6 1—
wherew:l—i—yz(hqéf),l and &m = (1-8) 7" o+ (1-B) (BT — 725 ( 1_%9 T —i—l_lﬁg)—l-l_g%—
1

fg) . Assuming that ¢+ = 0, the house price response to the shock in the first two periods is
given by:

a1 = —wre1
72 = Omgq1
Under subjective beliefs, we arrive at the same result without conditioning on a positive supply

response (¢ > 0). As under the supply side differences, the subjective beliefs model is more re-

sponsive to a monetary policy shock.

To examine the regional disparities in house price growth driven by variations in housing demand,
we make the simplifying assumption that ¢ = 0. As before, we consider two regions (4, B) facing
the same monetary policy shock. The regions differ in their elasticity of housing demand v4 > 15,

The following statement can be made:

Proposition 5 (Differential house price growth responses, demand-side). The differential house
price growth response in region A and B under rational expectations with 1 =0 is zero.
The differential response of house prices in regions A and B under subjective expectations, with
v =0 for the first two periods, is given by:
AP = A = (@ —&)e
~B ~A ~B ~A ~B ~A

AG — Ay = g(@y, — @) (ATT — AGY)

where &P > @A >0 and 0B > o7 > 0.

Proof. Differential house price growth, AquB — AqAJA with 7 = 1,2, are obtained by differentiating

regional house price responses to a monetary policy shock derived above. O
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Proposition (5) demonstrates that under demand-side heterogeneities a similar result can be
obtained compared to supply-side heterogeneities. On impact of the shock demand-side hetero-
geneities creates differential house price growth rates. This difference is dynamically amplified
through extrapolation. Additionally, differences in housing demand elasticities affect the subjec-
tive beliefs path of housing demand (02 > &A). The region with a more elastic housing demand
elasticity is more responsive to the shock, as subjective beliefs about future housing demand are
more responsive. Under the simplifying assumptions we made a similar channel is absent in the

case of supply-side heterogenities.

1.C Empirical part and model calibration

1.C.1 Data sources

US data. For the monthly house price data on the federal level we use the SP CoreLogic Case-
Shiller U.S. National Home Price Index seasonally adjusted from the FRED database (CSUSH-
PISA). The FFR (FEDFUNDS), industrial production (INDPRO), and CPI (CPIAUCSL) on a
monthly frequency are also taken from the FRED. The house price expectations data are the mean
of the expected change in home value during the next year taken from the Survey of Consumers
by the Michigan University. For the quarterly state level data, we use all transactions house price
indices ("State code"STHPI) from the FRED and seasonally adjust them. The remaining state
level data on building permits ("State code'BPPRIVSA), employment in construction ("Stade
code"CONS), unemployment ("Stade code"UR), and employment in retail are all taken from the
FRED and already seasonally adjusted. We omit the code for employment in retail, as these
vary across states. GDP (GDP) and the GDP deflator (GDPDEF) are also obtained from the
FRED. As already mentioned in the main text, the house price sensitivity indicator is taken from
Guren, McKay, Nakamura, and Steinsson (2021), and the monetary policy shock from Bauer
and Swanson (2023). When aggregating the shocks from a monthly to a quarterly frequency we
weigh the shocks according to the time they occurred in the quarter. Giving a higher weight
to shocks that occured at the beginning of the quarter. Hence, the weights are 1, %,% This
aggregation method is in line with Gertler and Karadi (2015) and Almgren, Gallegos, Kramer,
and Lima (2022).

Euro Area data. For the Euro Area we obtain the real residential property prices from
the BIS. For housing investment we use real fixed capital formation in dwellings (namq_10_an6)
from Eurostat. Building permits (sts_cobp_q), real GDP (namq 10 _gdp), unemployment
(une_rt_q h), HICP (prc_hicp_midx), and the EONTA (irt_st_m) are also obtained from
Eurostat. All series, except the EONIA, are seasonally adjusted. As already mentioned in the
main text, the time to obtain a building permit is taken from the World Bank database. And

the monetary policy shcks are taken from Altavilla, Brugnolini, Girkaynak, Motto, and Ragusa
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(2019). For these, we use the same aggregation method as for the US data.

1.C.2 Robustness: Cross-regional heterogeneity in booms

and busts

For the Euro Area, the sample covers 2000 to 2019, also on a quarterly basis. The countries
included in the Euro Area sample are Austria, Germany, Spain, Finland, France, Ireland, Ttaly,
the Netherlands, and Portugal.

Table 1.C.1: Cross-regional house price growth standard deviation (o.) in booms
and busts, Euro

mean  median

Jsl 1.30  1.27
o.: Boom 1.57 1.59
o.: Bust 2.04 2.02
p—Val. Bust > Boom 0.002 0.004
Number regions 8

Obs. boom 55

Obs. bust 24
Sample 2000Q1 —2019Q3

Notes: The Table reports the mean and median, across time, of the estimates of
cross-sectional standard deviations of house price growth rates for the Euro Area. The test for

Bust > Boom is based on a one-sided t-test.
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Figure 1.C.1: Regional house price variations in booms and busts
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Figure 1.C.2: State-level std. house price growth response to Main business cycle
shock
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Notes: Responses to a main business cycle shock (1 std) ; Confidence Intervals: 68% and 95%
(Newey-West); 3 month moving average of std. across states of quarter-on-quarter house prices
growth (left); Q-o-q house price growth at a federal level (right.)

1.C.3 Forecast error response to monetary policy shock

We are first interested in whether house price expectations are formed according to rational

expectations. To answer this question, we study the response of forecast errors to a monetary
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policy shock. Forecast errors are interesting for two reasons. First, they show whether house price
expectations follow rational expectations. Under rational expectations forecast errors should not
respond to the shock. This becomes obvious in our local projections setup. We define forecast

errors as as follows:
ALY PAY
fet= A‘Il7s+12 —E; Aqt+12

where Ag! 12 is the year-on-year percentage change in house prices. Equf 12 is the expected
year-on-year percentage change in 12 month formed today. The local projections we estimate are
given by Equation (1.35). At the time the shock hits, in period ¢, the forecast errors seen on the
left-hand side already contain the forecast formed today for 12 month ahead. In other words, the
shock is contained in the information set of the agent and should be taken into account. Under
rational expectations agents will perfectly use this information and forecast errors should not
respond. The second insight we may gain form this exercise is on how house price expectations
are formed. Given the response of the forecast errors is non-zero, the dynamics reveal how
households’ expectations evolve over time. This will enable us to zoom in on a specific belief
updating process that explains our observations. Due to data availability we will focus on the
US in this exercise. The monetar policy shock is taken from Bauer and Swanson (2023). We
use the expectations data from the Michigan Survey on Consumer Sentiment. The frequency is
monthly and the sample runs from 2007 to 2019. As controls, we include 6 lags of the forecast

error and the monetary policy shock. We estimate the following equation:
feron=a"+peMP L uyvuyyy,  h=0,1,.,H (1.35)

Figure (1.C.3) shows the results. The impulse response reveals a non-zero and highly significant
response in forecast errors. We can therefore reject rational expectations. On the dynamic
behaviour we find that for the first 30 months the forecast error is positive, indicating over-
pessimism on the side of the agents. After 30 months the forecast error turns negative, indicating
over-optimism. For both cases, over pessimism and over optimism, the IRF is significant at a
95% confidence level. Further, the hump-shaped dynamics in the forecast errors indicate sluggish
updating in the expectation formation process. These findings are in line with Adam, Pfiuti,
and Reinelt (2022). Angeletos, Huo, and Sastry (2021) document similar dynamics in a SVAR

setup for unemployment and inflation in response to an unemployment and inflation shock.
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Figure 1.C.3: Forecast error response to a monetary policy shock, US
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1.C.4 Forecast error response to a monetary policy shock

in booms and busts

In the following we estimate equation (1.15) for forecast errors. Figure (1.C.4) plots the results.

We notice, that forecast errors react notably different in booms relative to busts.

Figure 1.C.4: Forecast errors in response to monetary policy shock, boom-bust
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Notes: Responses to expansionary MP shock (1 std); Confidence Intervals: 68% and 95%
(Newy-West).

94



1.C. Empirical part and model calibration

1.C.5 Time-to-build in the US

The time it takes to obtain a building permit, or generally the time it takes to build a house, is
not available for the US on a state level. However, he Census Bureau documents construction
times for homes on a census division level. Below we aggregated up the housing sensitivity
indicator from Guren, McKay, Nakamura, and Steinsson (2021) to a census division level and
correlate them with the construction time of housing measured from date of authorization to

completion. One can see in figure (1.C.5) that they are clearly positively correlated.

Figure 1.C.5: Correlation of house price sensitivity indicator with time-to-build
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Notes:Correlation of house price sensitivity indicator from Guren, McKay, Nakamura, and

Steinsson (2021) with time-to-build a house across census divisions. Time-to-build is measured

from the date of the authorization until the completion of the building activities.

1.C.6 House price response and housing supply side het-
erogeneity in the Euro Area

For the Euro Area we rely on the same setup as for the US: We estimate Equation (1.16) for
house prices. The cross-section is taken at a country level. The monetary policy shock is high-
frequency identified from overnight interest swaps at a one-year horizon and taken from Altavilla,
Brugnolini, Giirkaynak, Motto, and Ragusa (2019). As an interaction term, we use the days it
takes to obtain a building permit in a given country, provided by the World Bank database.
The sample runs from 2000 to 2019 and is in quarterly frequency. The countries contained in
the sample are Austria, Germany, Spain, Finland, France, Ireland, Ttaly, the Netherlands, and
Portugal. The vector of controls consists of 6 lags of the following variables: The left-hand-
side variable, log GDP, log HICP, the EONIA, the shock, and the shock interacted with the

interaction term.
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Figure (1.C.6) plots the response of real property prices to an expansionary monetary policy
shock. We find that house prices increase (panel (a)) and that they increase more in countries
where supply is more inelastic (panel (b)). The IRFs are significant at a 95% confidence level.

These results mirror the ones we found for the US.

Figure 1.C.6: House price response to monetary policy shock, Euro
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Notes: House price response to expansionary MP shock (1 std); The interaction term as been
standardized; Confidence Intervals: 68% and 95% (Driscoll and Kraay, 1998).
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1.C.7 Model: steady state values

Table 1.C.2: steady state values

Domestic ~ Value Foreign Value Description

€a,ss 0.800 & ., 0.800  housing productivity shifter
Ehoss 0.104 5;755 0.105  housing preference shifter
Css 0.976 ¢, 0.976  consumption

Tss 0.063  x¥, 0.063  housing investment

hss 5.506 A% 5.506  housing

Yss 1.040  yi, 1.040  output

bss 0.000 b, 0.000  bond holdings

ss 0.735  ¢%, 0.727  house price

Wgs 1.000  wi, 1.000 wage

Notes: All steady states except the house price are symmetric across countries. Time-to-build
and the steady state housing preference shifter are not symmetric across countries. All

elements of {55 not explicitly mentioned assume the value 1.
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1.D Quantitative model

1.D.1 Further results

Figure 1.D.1: Regional house price and output response under RE
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Notes: Responses to expansionary MP shock (25 bp).

98
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Figure 1.D.2: House price targeting: output response in booms and busts
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Notes: Responses to expansionary productivity shock (100 bp); Parameterization: o" = 0.99,
g" =0.0117 (boom), o' = 0.91, g' = 0.0233 (bust).

Figure 1.D.3: House price targeting: house price and output response under RE
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1.D.2 Loss function

We assume that the policy-maker’s objective is the Utilitarian average welfare in the economy,
evaluated under rational expectations. This definition leaves open the question of what infor-
mation the policy-maker possesses. Conditional welfare, W_j, is the average expected welfare
in the union, conditional on (i) the economy being in steady state in the current and all past
periods ¢ <0, and on (ii) the policy-maker knowing that in ¢ =0 a set of shocks (&)¢>0 € (R™)™
will realize with a Gaussian probability distribution but not knowing about the exact realization
of the shocks. The experiment here is that the policy-maker decides at the end of the period
t = —1 about her instruments, maximizing the average utility in the union under the expecta-
tion that a set of surprise shocks might materialize in the next period according to a known
distribution—Ilet E_; denote the operator drawing the expectation with respect to the rational

expectations measure and conditional on (i) and (ii). Specifically,

W_1:=E_1)_ B'lyu+(1—y)uf]
t=0

W =E[yu¢ + (1= 7)ug]

where wug,uf are the utility functions of the home and foreign household, respectively.®? We
approximate both criteria to second order around the non-stochastic steady state: Assuming
that the allocation in the non-stochastic steady state is symmetric (css = kg, Nss =nkg, hss = hi,

and so on), we have that

oo Nss 2 + ’\2+Vhi;’//ﬁQ_~_ n;:LpAQ_i_Iss (1_ )A2+nssw /b\2
W_q ¢ |7 [ Fees THe TG Ao b TPX T T o N)TE T ¢ Ysst
= — . —_— Ss Ss
l1—0 E_lz :ﬂ 2 nidv o
Css t=0 =228 ey
Css
Ngs 2 + (/xk)2+yh;_” (ﬁ*)2+ n;jﬂo (A*)2+mss (1_ *)(A*)Q"'nssw (’b\*)Q
n 1—v [P Tt TG Ao Uk PX T Tt Cos m\Tt cos PTss (Ot
Ss ﬁ:S
o~
ng ~x
2 -2 fa,tnt
Css

11 .
+§ av sf] +0(3)+t.ip.
where v = (1=A)(1+A+[2=N¢)+ A+ [24+]N) + A 2 =N+ [T+ X))+ (1= A*)(1+(24¢)[1—
A*]), O(3) are terms of third or higher order and “t.i.p.” stands for “terms independent of policy”,
i.e. variables that are beyond the policy-maker’s control and thus irrelevant for the selection of

policy.

Note that it holds that EW_; = W.
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Chapter 2

House Price Extrapolation and
Business Cycles: A Two-Agent
New Keynesian Approach

Joint with Hannes Twieling.

2.1 Introduction

Housing constitutes arguably the most important asset in household portfolios, function-
ing both as a durable consumption good and as a key form of collateral in credit markets.
At the same time, house prices exhibit pronounced boom-bust cycles, often amplified
by extrapolative over-optimism in expectations during expansions and over-pessimism
during downturns, which contribute to substantial volatility in housing markets.! These
characteristics position housing as a central component in the business cycle and under-

score its importance for policy.

This paper offers two important contributions to the existing literature. First, we develop
a tractable two-agent New Keynesian (TANK) model featuring a housing sector and ex-
trapolative belief formation over house prices. This framework enables a decomposition

of the transmission from changes in housing wealth to aggregate output through four

1See e.g.: Armona, Fuster, and Zafar (2019), Case, Shiller, and Thompson (2012), Kaplan, Mit-
man, and Violante (2020), Kuchler and Zafar (2019), and Ma (2020).
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distinct channels: consumption by savers (Ricardian households), housing investment,
collateral constraints, and fire sale dynamics. Second, we introduce a novel solution
method for TANK models with active asset trading between heterogeneous agents in

the presence of belief-driven house price dynamics.

Our quantitative findings highlight that output responses are generally attenuated un-
der rational expectations (RE) relative to subjective expectations (SE) characterized by
extrapolative belief updating. Under RE, output dynamics are primarily driven by the
consumption behavior of savers, whereas under SE, fluctuations in housing investment
emerge as the dominant force. The collateral and fire sale channels, while theoretically

relevant, contribute only marginally to the variation in aggregate output.

We begin our analysis by considering the representative agent New Keynesian (RANK)
framework. Throughout the paper, we examine the effects of a contractionary mone-
tary policy shock. In the RANK model, house prices respond to changes in the real
rate through multiple channels: intertemporal consumption smoothing, housing supply
dynamics, expectations over future house prices, and future expected wealth changes.
This decomposition continues to hold under the extended TANK specifications. For the
SE case, we assume internal rationality and solve the RANK version of the model as
proposed by Roschitsch and Twieling (2024). Under SE, the house price response is
substantially amplified relative to the RE benchmark. This amplification is primarily
driven by the more pronounced adjustment in house price beliefs. Aggregate output
in the RANK model is shaped by two mechanisms: the consumption response of the
representative (Ricardian) household and the dynamics of housing investment. We find
that output is considerably more responsive under SE than under RE, a result largely
attributable to the stronger housing investment response. While consumption is the
dominant driver of output fluctuations under RE, housing investment becomes the pri-

mary transmission channel under SE.

Extending the analysis to a TANK framework, we incorporate non-Ricardian, or hand-to-
mouth (HtM), households. These agents rely on housing as collateral to access credit,
subject to an exogenous loan-to-value (LTV) constraint, which limits their borrowing
capacity. In the baseline TANK specification, we assume that HtM households hold
housing in the steady state but do not participate in housing market transactions outside
of it. As a result, they are passive with respect to housing trade in response to shocks.

This modeling choice enables us to isolate the collateral channel linking house prices to
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HtM consumption.

The output decomposition in this setting builds on the RANK model, now comprising
three channels: savers’ consumption, housing investment, and the collateral effect on
HtM consumption. Consistent with previous findings, the output response to a mon-
etary policy shock is significantly larger under SE than under RE. Under SE, housing
investment remains the dominant driver of output fluctuations, whereas under RE, the
primary contribution continues to stem from savers’ consumption. The collateral channel
has only a transitory influence on output, with limited quantitative differences between
RE and SE regimes.

Finally, we turn to a version of the TANK model that allows for housing trade on the side
of the HtM agents. In this model version, the HtM can sell or buy housing to stabilize
consumption variations arising from exogenous shocks. Under SE the actual house price
may not be aligned with the fundamental price due to extrapolative belief updating.
It is therefore possible that agents sell housing at a price below the fundamental price
to increase consumption, which is commonly referred to as a fire sale. A TANK model
under SE and housing trade therefore allows for the emergence of fire sale motives.
However, this modeling approach introduces another layer of complexity. By allowing
HtM to trade housing, we introduce an intertemporal choice to the HtM problem as
housing is durable. As a result, we need to characterize beliefs about future HtM housing
and consumption choices under SE. The method developed in Roschitsch and Twieling
(2024) is not suitable for this task, as it relies on the consumption Euler equation, which
is not binding for the HtM. We therefore propose to solve this problem by relying on a
lag polynomial factorization, which allows us to characterize future expected household
choices of the HtM as functions of prices.

Under RE, HtM households respond to a contractionary monetary policy shock by selling
housing to stabilize consumption. Crucially, these transactions occur at prices consistent
with fundamentals, as expectations are model-consistent. In contrast, under SE, HtM
households initially increase housing in the quarters immediately following the shock.
This behavior is driven by their expectations about future consumption. Given their
high marginal propensities to consume (MPCs), anticipated declines in future income
lead HtM households to forecast a corresponding drop in future consumption. To insure
against this expected decline, they increase their current housing demand to smooth
consumption. Due to the high MPCs, this effect is relatively strong in our model. After

initially buying housing at overvalued prices, the HtM will sell housing in consecutive

103



House Price Extrapolation and Business Cycles: A Two-Agent New Keynesian
Approach

periods at undervalued prices, triggering fire sales.

In terms of aggregate output dynamics, the qualitative patterns are consistent with
earlier model variants: output responses are more pronounced under SE relative to
RE. Moreover, under SE, housing investment emerges as the primary driver of output
fluctuations, whereas under RE, the consumption response of savers dominates. The
collateral channel, while present, plays only a limited and transitory role in shaping the
overall output response under both RE and SE. Finally, the fire sale channel is fairly

transitory, but relative to the impact output response quite sizable.

Literature review. Leamer (2007) famously stated that "housing is the business
cycle". Empirically, he documents that residential investment is an important driver of
the business cycle. His empirical findings are in line with our findings under extrapolative
house price beliefs, but at odds with the RE version of the model.

Our paper contributes to a broad empirical literature that emphasizes the formation
of house price beliefs deviating from the rational expectations framework.? This body
of work identifies momentum and revisions in belief formation as critical elements in
understanding house price dynamics. On the theoretical side, our study is linked to the
behavioral macro-finance literature, which explores departures from rational expecta-
tions, particularly in the formation of asset price expectations.®> More specifically, we
align with the literature on capital gains extrapolation.? In the context of housing mar-
kets, Glaeser and Nathanson (2017) and Schmitt and Westerhoff (2019) model house
price expectations using forms of extrapolation within partial equilibrium frameworks.
In contrast, we adopt a general equilibrium New Keynesian framework, positioning our
work closer to studies such as Adam, Kuang, and Marcet (2012), Caines and Winkler
(2021), and Adam, Pfiuti, and Reinelt (2022). In addition to that, other relevant con-
tributions, such as Burnside, Eichenbaum, and Rebelo (2016) and Guren (2018) explain
house price behavior through mechanisms such as optimism and pessimism, or concave
demand curves faced by sellers.

We also connect to the literature studying housing collateral effects. Mian, Rao, and

2Gee, for example, Armona, Fuster, and Zafar (2019), Case, Shiller, and Thompson (2012), Kuchler
and Zafar (2019), and Ma (2020).

3 Among others, see: Barberis (2018), Bianchi, Ilut, and Saijo (2024), Bordalo, Gennaioli, and
Shleifer (2018), Caballero and Simsek (2019, 2020), Krishnamurthy and Li (2020), L’Huillier,
Singh, and Yoo (2023), and Maxted (2024).

4Adam, Marcet, and Beutel (2017) and Winkler (2020) investigate asset price learning in stock
markets.
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Sufi (2013) and Mian and Sufi (2015) document that during the great recession collat-
eral constraints on housing were important drivers in explaining the decline in household
consumption. In a theoretical context Guerrieri and Lorenzoni (2017) and Greenwald
(2018) study the effects of collateral constraints on demand dynamics. Finally, Kaplan,
Mitman, and Violante (2020) develop a large-scale quantitative model that incorporates
housing collateral constraints and deviations from rational expectations in house price
beliefs to investigate the drivers of the Great Recession. Their analysis highlights the
critical role of belief distortions—specifically, deviations from rational expectations—in
accounting for the severity of the Great Financial Crisis. While sharing a focus on the
macroeconomic implications of non-rational beliefs in housing markets, our approach
differs in a key dimension: whereas Kaplan, Mitman, and Violante (2020) impose ex-

ogenous belief processes over house prices, our model endogenizes the belief formation.

Outline. The rest of this paper is organized as follows. In Section (2.2) we intro-
duce our general model framework. In Section (2.3), we present our results and the

decompositions into the different channels. Finally, Section (2.4) concludes.

2.2 General Model Setup

In this section, we outline the structure of the model. The heterogeneous agent frame-
work builds on the approach developed in Bilbiie (2024). On the household side, the
economy comprises two types of agents: borrowers and savers. Borrowers are subject
to a collateral constraint that is tied to the value of housing and binds at all times. In
contrast, savers correspond to standard Ricardian households who are unconstrained.
The production sector consists of monopolistically competitive firms operating under
nominal rigidities in the form of price adjustment costs, consistent with the canonical

New Keynesian framework

Households. The household block consists of a borrower (h), or HtM, and a saver
(s). Borrowers are more impatient than savers, 3° > ", and as a result, borrowers will
always be on the borrowing constraint, which we define below. Households maximize
utility choosing consumption ¢!, hours worked n’, housing h’, and bonds b’. The savers
can additionally invest into building new housing units, by committing =} consumption
units to it, hence (2! = 0,Vt). Within the group of savers/borrowers, there is perfect

insurance, hence, all households within a group make the same decisions. Households
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stay within their group, and we therefore arrive in a standard TANK setting. E’ denotes
the subjective expectations operator, which we will address below in more detail. The

utility function is of the usual iso-elastic form:

INETT( i pi iy )T 52(h§)1*"_§;(n§)1+*"
(B)°U(ci,ng, hy), Ulcy,ng, hy) = e + 11—y 1+g

hE

EY (2.1)

t

I
=)

Households consume, borrow or lend in bonds, buy housing at the price ¢, which is
subject to a quadratic adjustment cost, receive/pay interest on bonds, receive income,
receive returns on their housing investment if they are savers, and finally receive taxes

and transfers. The budget constraint reads:

¢+ by +alhy — (1—6hy_ |+ kg (hi—hy_)* +a; =
(L47e)b +wenf + g f (x)) + S+ T} (2.2)

f(xt) = &n~tam is the housing production function. We make the same assumption
regarding profits and taxes as Bilbiie (2024). Only savers receive profits, which are
then taxed and redistributed to borrowers. The taxation schedule is chosen such that
counter-cyclical income risk arises, which is the empirically plausible case. Households

are subject to a borrowing constraint which is given by:

~bi 1 < qihidy (2.3)

¢y is exogenous and can be thought of as an exogenous loan to (housing) value constraint.

House price beliefs. Our formulation of house price beliefs follows the setup pro-
posed in Roschitsch and Twieling (2024). As is standard in the literature on capital
gains extrapolation (e.g., Adam and Marcet, 2011; Adam, Marcet, and Beutel, 2017),
households are endowed with a subjective probability measure over the entire sequence
of variables they perceive as exogenous, henceforth referred to as external variables,
denoted by (r¢,ws, X, TF,mt,q)t>0. We denote this belief system by P. The rational
expectations benchmark corresponds to the special case in which this belief measure
coincides with the objective (or “true”/equilibrium-implied) distribution over external
variables, i.e., P =P.

While households may hold beliefs that deviate from the equilibrium-implied distribu-

tion, two key features are worth emphasizing. First, agents possess a time-consistent
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belief system. Second, they make decisions optimally given these beliefs. In this sense,
agents are internally rational, as formalized by Adam and Marcet (2011).7

Conditional on the observed history of external variables up to period ¢, households use
their belief system P to form expectations about the future evolution of these variables.
We denote this subjective expectations operator by Ef, while the standard conditional
rational expectations operator is denoted by E;. In our framework, agents are assumed to
have rational expectations with respect to all external variables except for house prices,
G455 Agents are assumed to entertain a simple state-space model for the evolution of

house prices:

In 1 _ Inmyp1 +1nepq

at
Inmir =olnmy+Inveyq, o€ (0,1)
05) O'g 0
277\ 0 o2

(lnet lnvt)/fv./\/' (—

N ‘mqm

Equation (2.4) states that agents perceive house price growth rates to be the sum of a
transitory and a persistent component. The disturbances Ine; and In v are not observable
to the agents, rendering Inm; unobservable. Agents apply the optimal Bayesian filter,

i.e. the Kalman filter, to arrive at the observable system.”

Lemma 3 (House price belief updating). Applying the Kalman filter to the state-space

model and log-linearizing around the non-stochastic steady state gives:

S

~ ~ —0 =
B Gros =Gt — 5 o (2.5)
my = (0= g)mu—1 +gAG-1 (2.6)
where InT :=EF (Inmy) is the posterior mean, g = % is the steady state Kalman

5Moreover, it is not common knowledge among agents that all households share identical beliefs
and preferences. As a consequence, agents are unable to uncover potential misspecifications in
their beliefs—that is, the discrepancy P # P cannot be resolved through deductive reasoning
about the structure of the economy.

6Formally, P := P_,®P,, where P_, is the objective measure over sequences of external variables
without house prices, Pg is the measure over sequences of house prices implied by the described
perceived model of house prices, and ® is the product measure. Since we are interested in a first-
order solution to the model, it does not matter what households perceive to be the dependence
structure between house prices and the other external variables.

"We assume agents’ prior variance equals the steady state Kalman variance.
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filter gain, o2 = %[—012) + ok +40202] is the steady state Kalman filter uncertainty, and

Ine; is perceived to be a white noise process.

Proof. See Appendix (2.A) for the application of the Kalman filter. Log-linearization

around the steady state gives the result. O

Variables denoted with "' represent percentage deviations from their steady state values.
Equation (2.5) shows that expected future house prices depend on current prices and
beliefs. The parameter o € (0,1) captures belief persistence, implying that the weight
on prior beliefs increases with the forecast horizon. Current house prices enter one-to-
one into expectations, reflecting extrapolative behavior. The belief-updating equation
features an autoregressive component and adjusts based on observed past house price
changes. Updating is more responsive when the Kalman gain g is high and belief per-

sistence p is low.

Firms and price setting. We assume a continuum of monopolistically competitive
firms that produce intermediate good varieties and have the same beliefs as households.
Firm beliefs, however, concern only variables over which households have rational expec-
tations. Therefore, firms are rational. Firm j buys labor n;(j) from the representative
labor packer and produces the variety y;(j) with a linear technology where labor is
the only production factor. The firm sets its retail price P;(j) and maximizes the ex-
pected discounted stream of profits, subject to Rotemberg-type adjustment costs. The

log-linearized Phillips-Curve is given by:

e—1
K

e = BETy1 + Wy (2.7)
steady state, Market clearing and Equilibrium. To solve the model, we take
a first-order approximation around the non-stochastic steady state. This steady state is
equivalent under RE and SE. We ensure that the steady state is efficient in terms of the
production side by including a firm subsidy, as is standard in the literature.

In equilibrium, labor, goods, and housing markets need to clear. Further, the monetary
authority sets the nominal interest rate, 7;, according to a standard Taylor rule targeting
only inflation, which includes a monetary policy (MP) shock €;"¥. The log-linearized
formulation is given by:

/i\t = ¢7r7?t +€1]5V[P
Finally, the definition of the equilibrium is as follows:
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Definition 2 (Internally Rational Expectations Equilibrium). An IREE consists of three
bounded stochastic processes: shocks (¢r,€;"")i>0, allocations (ci,bi, hi,nt xf)i—sy and
prices (W, qe,it, [Pr(7)]jef0,1]), such that in all t

1. households choose (ci,bt, i,nﬁ,xf)i:&h optimally, given their beliefs P,

2. firms choose ([Py(j)]jeo,1)) optimally, given their beliefs P,
3. the monetary authority acts according to a certain rule,

4. markets for consumption good varieties, hours, and housing clear given the prices.

2.3 Results

We report results for three different model cases: first, the RANK case, second, the
TANK case without fire sales, and third, the TANK case with fire sales.

2.3.1 Model calibration

Before we turn to the results, we briefly discuss the calibration, which is summarized
in table (2.3.1). Our calibration reflects a quarterly frequency, and we set the savers’
discount factor accordingly. The HtM discount factor is chosen below the savers’ dis-
count factor to ensure that the borrowing constraint binds. The Frisch elasticity, the
intertemporal elasticity of substitution, the housing utility elasticity, housing deprecia-
tion, the HtM share, and the Taylor rule coefficient are all standard parameter choices
in line with the literature. We choose a steady state LTV ratio of 0.4. The LTV ratios
on origination are between 0.8 and 1.0 (Greenwald, 2018). Our lower value reflects that
not all HtM have mortgages and that some have been partially paid back. The taxation
of saver profits is chosen such that the model generates countercyclical inequality as in
Bilbiie (2024). Regarding the production side, we chose the price adjustment cost and
elasticity of substitution across goods to target the slope of the Phillips Curve in Bilbiie
(2024). The housing production elasticity is set as in Adam, Pfauti, and Reinelt (2022).
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Table 2.3.1: Model parameters
Parameter Value Description Source,/ Target
Households ¢° 1.500  inverse Frisch elasticity standard
o’ 2.000 inverse of intertemporal EOS standard
v*  1.000  housing utility elasticity Tacoviello (2005)
6% 0.010  housing depreciation 1% quarterly depreciation
B%  0.995  discount factor standard for quarterly frequency
" 0.500  discount factor sufficiently low for LTV to bind
10} 0.400  steady state LTV calibrated to match average LTV
A 0.350  HtM share standard
7% 0.350  Tax on firm profits s.t. countercyclical inequality
Production € 6.000 EOS across varieties slope of PC as in Bilbiie (2021)
K 250.00 price adjustment costs
n 0.800 elasticity of housing production = Adam, Pfauti, and Reinelt (2022)
Policy or 1.500  Taylor coefficient standard

Notes: One period in the model is one quarter.

Concerning the steady state, we assume that there is no steady state inequality in
consumption. This ensures that the aggregate housing stock, output, labor supply, and
house prices are equivalent in the RANK and TANK model. Concerning housing, the
HtM hold 15% of housing in per capita terms in the steady state. Following Adam,
Pfauti, and Reinelt (2022), the ratio of housing investment to aggregate consumption is
6%. The steady state wage is 1. The aggregate housing stock is roughly one quarter of

annual output.

2.3.2 The RANK case

We start with the standard RANK case. To do so, we simply set the share of the HtM
to zero (A =0). We also assume that the housing adjustment cost is zero (k% =0). It
is important to note that the savers’ block, described in this section, remains the same
across the different model versions we present, and therefore, the decompositions also

remain valid.
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Model solution. Solving this type of model under SE is not straightforward. Specif-
ically, we have assumed that households do not have rational expectations about house
prices and, in turn, provided them with a law of motion on how to form beliefs. At the
same time, future household choices themselves are functions of the house price. There-
fore, one needs to characterize these future expected internal variables as functions of
future prices.® To solve the model, we employ the method developed in Roschitsch and
Twieling (2024). In the following, we provide a brief summary: under SE, the consump-

tion Euler equation takes the following form:

)
G => Prrs+E] o (2.8)
5=0
Efﬁoo is the subjective expectations wealth effect. It captures the household’s expec-
tations of future consumption in the far future as s — oo. Intuitively, assume that a
transitory shock raises house prices today. Due to extrapolation, households believe
that house prices will further rise in the future, which will lead them to believe that they
will be able to consume more in the limit, hence EF ¢, increases. Under RE this wealth
effect is always zero, because agents understand that the economy will transition back
to the steady state eventually.
It can be shown that EF¢,, has an analytical formulation depending only on external
variables. Furthermore, the knowledge of E] ¢, is sufficient to characterize all internal
variables in expectations. This representation therefore allows us to solve the model
under SE. The system of equations representing the households’ first-order conditions

after applying the solution method is given in Appendix (2.B).

House price dynamics. Next, we illustrate the house price dynamics under RE
and SE. Throughout the paper, we consider a 25 bp contractionary monetary policy
shock in the SE model. What essentially matters for the model responses is the path of
the real rate. To ensure that the RE and SE model are comparable, we always consider
a 25 bp shock in the SE model, compute the path of the real rate, and then feed this
path into the RE model.? This type of shock is well understood empirically and is well

defined across all versions of our model. The house price response to this shock can be

8In our framework, Efﬁf . and ET'¢,  enter directly into the households’ first-order conditions.
As a result, it is necessary to explicitly characterize these expectations.

9This essentially means that in the RE model we are not considering a 25 bp shock but a sequence
of shocks that generates the same path of the real rate as in the SE model.
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decomposed in the following way:

G = —Eifry1— (1= B) Y Bafryni1— vhi + BELGip1 +0(1—B)Ef 2 (2.9)
n>0 ~~ N
supply expectations SE wealth
Euler

This formulation is given by the housing Euler/demand equation from the household
problem in which we have defined § = 8%(1 —¢) and 7 = v(1 — 3). The decomposition
consists of four parts: First, an intertemporal or Euler part, which appears because
housing is durable and can therefore be used for consumption smoothing. Second, a
housing supply part, which states that a more flexible housing supply will lead to less
volatility in house prices. Third, if the house prices are expected to increase in the future,
that leads to an increase in the price today, reflecting an asset pricing component. And
fourth, the subjective expectations wealth effect, which was already discussed above.

This part will be zero under RE.

We now turn to the response of house prices to a contractionary monetary policy shock
shown in Figure (2.3.1). One can observe that the response in the SE model is roughly
four times larger than under RE. This is in line with a large literature documenting that
belief extrapolation amplifies the volatility of asset prices. For both models, it is the
case that house price expectations drive the majority of the response, although under
RE, we observe a small response due to intertemporal substitution once accounting for

the small overall responsiveness of the house price.
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Figure 2.3.1: House price response to MP shock, decomposition

(a) RE model (b) SE model
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Notes: Responses to contractionary MP shock (25 bp) in SE model. The real rate path is the
same in the RE and SE model.

It seems surprising that almost all the variation in house prices is driven by expectations,
especially since a large literature empirically documents significant effects from housing
supply frictions on house prices.'® Under RE it is indeed difficult to generate house price
volatility through changes in the housing supply side. However, under SE, we can derive
an alternative decomposition that does not exist under RE. Specifically, one can solve
for the fixed point in the house price by substituting EF g, 1 and E] ¢4, which are both

functions of the current house price. We arrive at the following decomposition:

~ 1 o -~ ~ T ﬁ = ~
6= | ~(1=B) By~ X Bifipn - vh + Loy + gBfe | (210)
1-— Q a0 ~— 1— ——
supply —— SE wealth
Euler posterior mean
expectations

We observe that instead of house price expectations at ¢+ 1, we now have the posterior
mean expectations. In addition, Ef é,, denotes the effect of the SE wealth net of house
prices. Importantly, this is still a function of the posterior mean expectations my. Finally,
the whole decomposition is scaled by (1 —Q)~! with Q € (0,1). Just by comparing both

decompositions, one can see that in equation (2.10) housing supply is likely to play a

10Gee for instance: Aastveit and Anundsen (2022), Guren, McKay, Nakamura, and Steinsson
(2021), and Mian, Rao, and Sufi (2013)
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larger role: in equation (2.9) v scales the housing supply effect. As § is likely close
to one and § close to zero, v is fairly small. Under the alternative decomposition in
equation (2.10), only v appears, and therefore the coefficient scaling of housing supply

is significantly larger.

This can be seen in panel (a) of Figure (2.3.2). Housing supply plays now a much larger
role in balancing the negative response in the other channels, in particular in the long
run. This is the case because it takes time for the housing stock to be built up. The
posterior expectations respond with a lag to the shock, this is intuitive because they are
a backward-looking function of house price growth. Further, the Euler effect is quite
important, in particular on impact, which is due to the fact that the coefficient scaling
the intertemporal substitution in equation (2.10) is significantly larger. Finally, the SE

wealth effect again has only a marginal impact on house prices.

Our findings of both house price decompositions support the conclusion that the SE
wealth effect generally plays a minor role. Panel (b) of Figure (2.3.2) shows the con-
sumption decomposition derived in Equation (2.8). It is apparent that the SE wealth
effect roughly accounts for one-third of the volatility in consumption for the first few
quarters. Therefore, while this effect is negligible for house price responses, it is impor-

tant for consumption dynamics.

Figure 2.3.2: House price response to MP shock, decomposition

(a) House price decomposition (b) Consumption decomposition
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Notes: Responses to contractionary MP shock (25 bp) in SE model. The real rate path is the
same in the RE and SE model.
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Output dynamics. Finally, we can focus on the output response. Given goods

market clearing, output is just a function of consumption and investment:

—~ Css ~s = Lss ~g
Yy=—¢C +—= 2.11
Yss ! Yss ! ( )

In Figure (2.3.3), we present the decomposition of the output response in both the
RE and subjective expectations SE models. The overall output response in the SE
framework is nearly four times larger than that observed under RE. This amplification
is primarily attributable to the heightened responsiveness of housing investment. From

the household optimization problem, we derive the following relationship:
~5 1~
zi=01-n)"q

which indicates that greater volatility in house prices translates directly into ampli-
fied fluctuations in housing investment. Consequently, under SE, housing investment
emerges as the main driver of output dynamics, whereas under RE, the output response
is predominantly driven by consumption. The results under SE are therefore consistent
with the empirical evidence documented by Leamer (2007), who emphasizes the central
role of housing in the business cycle. In contrast, the RE model fails to replicate this
feature, underestimating the cyclical importance of housing. These findings highlight
that under subjective expectations housing plays a significantly more prominent role in

driving the business cycle.

It is also striking that the output response is quite persistent under RE. The reason is
that the real rate response generated by the monetary policy shock under SE and which
we feed into the RE model, is itself very persistent. Under RE, the consumption response
is simply the sum of the future real interest rate path. If the real rate is persistent, so

is the consumption response, and this spills over to the rest of the model.
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Figure 2.3.3: Output response to MP shock, decomposition

(a) RE model (b) SE model
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Notes: Responses to contractionary MP shock (25 bp) in SE model. The real rate path is the
same in the RE and SE model.

2.3.3 The TANK case: collateral channel

We now turn to the TANK case of the model with only collateral effects being present.
In this model formulation, the share of HtM is A = 0.35. Further, we set the housing
adjustment costs /{"H for savers to zero, and for the HtM we set /i}}{ — o0o. This ensures
that only the savers buy or sell housing units in response to shocks hitting the economy,
while HtM agents stick with their steady state level of housing. Thereby, we can isolate
the collateral effect on the HtM households.

The HtM consumption response is given by their budget constraint, in which we have
substituted the labor supply, the borrowing constraint, and market clearing conditions

to arrive at the following equation:

& = Xi0e+X5B A+ X0 — XTI+ @1) —  XE6G (2.12)
——
GE Collateral(¢) deprecation(h)

The consumption behavior of HtM households can be decomposed into three compo-
nents. First, a general equilibrium (GE) component operates through conventional chan-
nels: increasing aggregate output and housing investment raise labor demand and hence

wages, thereby stimulating consumption. Since x{ > 1 inequality is countercyclical in
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the sense of Bilbiie (2024).1! Second, a collateral channel captures the impact of fluctua-
tions in house prices on borrowing constraints. When house prices rise, the relaxation of
these constraints enables higher borrowing and thus higher consumption. Importantly,
the level of debt incurred also influences future repayment obligations, and higher real
interest rates similarly alter the repayment schedule, thus shaping HtM consumption.
Finally, there exists a housing depreciation effect, which arises purely for accounting
reasons. To maintain their steady state level of housing, HtM households must repur-
chase a fraction d of housing each period to offset depreciation. Given the typically small

magnitude of ¢, this effect is quantitatively negligible.

House price dynamics. As before, we start by focusing on the house price dynam-
ics, which we plot in Figure (2.3.4). The picture that emerges is similar to the RANK
case: house prices are much more volatile under SE compared to RE. Again, the de-
composition shows that most of the response is driven by house price expectations. It is
important to note that the path of the real rate in the TANK model is not the same as
in the RANK model. Therefore, one should be cautious with a quantitative comparison

between the two models.

Figure 2.3.4: House price response to MP shock, decomposition
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Notes: Responses to contractionary MP shock (25 bp) in SE model. The real rate path is the
same in the RE and SE model.

HFor the remaining coefficients we have Xj>0,j¢€ {2,3,4,5}. For the definitions see Appendix
(2.C).
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Output dynamics. In terms of output dynamics, we can derive a similar decompo-
sition as in the RANK case. Equation (2.13) shows that it consists of saver consumption
and housing investment, as in RANK. Additionally, the collateral channel and the de-

preciation parts now also show up.!?

e =16 + 3T+ @ — 4P+ G-1) — X8OG (2.13)
——
Collateral(¢) deprecation(h)

Turning to the responses to the monetary policy shock, we show in Figure (2.3.5) that
output is much more responsive under SE. As before, this is mainly driven by the stronger
response in housing investment. Under RE, as before, saver consumption dominates the
remaining channels. The collateral channel has only a marginal effect and is quite short-

lived; this holds for both models. Housing depreciation has no impact, as discussed

before.
Figure 2.3.5: Output response to MP shock, decomposition
(a) RE model (b) SE model
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Notes: Responses to contractionary MP shock (25 bp) in SE model. The real rate path is the
same in the RE and SE model.

Focusing on the collateral response, we decompose it in Figure (2.3.6) into its sub-
components x4a:, X7, and xjgi—1. One can observe that the initial drop is driven by
the increase in the real rate, Gq is predetermined, but 7; will respond, and the decline

in the house prices. Following the initial drop, the collateral effect will quickly converge

12The coefficients are defined in Appendix (2.C). All coefficients are positive.
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towards zero. That is because, as the HtM were able to borrow less initially, they will
also have to repay less in the consecutive periods. In other words, as the real rate effect
returns towards zero relatively quickly: x4g, and x%g;—1 cancel each other out.'® Under
SE, the collateral response is roughly twice as strong on impact and is more persistent.
As the real rate effect is the same in both models, the differential response needs to be

driven by the stronger and more hump-shaped response of the house prices under SE.

Figure 2.3.6: Collateral decomposition in response to MP shock

(a) RE model (b) SE model
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Notes: Responses to contractionary MP shock (25 bp) in SE model. The real rate path is the
same in the RE and SE model.

2.3.4 The TANK case: fire sale channel

We now turn to our final channel, the fire sale channel. This channel occurs if HtM agents
actively participate in the housing market. In our model, this means that /JIL{ =0. We
call this channel the fire sale channel because, under SE, house prices may fall below
their fundamental value. If in this period HtM agents sell housing to stabilize the goods
consumption, the sale takes place in an environment where housing is undervalued, and
hence a fire sale occurs. Importantly, these sales may lead to a further decline in house
prices, which could lead to further downward pressure on output through a decline in

housing investment and a tightening of borrowing constraints.

13 Algebraically this is also since X4 = B°xY, and therefore the coeflicients are almost the same as
(5% is close to one.
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The budget constraint of the HtM, after several substitutions, is given by:

= XS0+ NGB+ XE (G + he) = XG(Fe+ Gem1 + hem1) = XEOG + R — (1= 0)hf,) (2.14)
GE Collateral(¢) fire sales(h)

As in the TANK model without fire sales, the transmission mechanism operates through
both a GE channel and a collateral channel. In the collateral channel, housing purchases
now play an active role: increases in housing purchases expand the stock of collateral,
thereby enhancing households’ borrowing capacity. The final component is the fire sale
channel, which enters with a negative sign. Specifically, when HtM households sell
housing—i.e., when Ef —(1- 5)2?,1 declines—they are able to increase consumption by

reallocating resources from housing to consumption goods.

Model solution. In a model in which the HtM are allowed to trade housing, we
need to pin down the housing demand of these agents. As for the savers, this is done
by the HtM housing Euler/demand equation (2.15). This equation is similar to the one
from the savers, only that it now accounts for the binding LTV constraint. Here we
have defined 8 = (5° — 8")/B°. Housing demand depends on consumption today and

tomorrow, house prices today and tomorrow, as well as tomorrow’s real rate.

Phl = 01— §)e) — (B — o(1 — B2)EP ey — (1— 68%) + B'EL G — (1 — B2) B
(2.15)
Crucially, the HtM housing Euler/demand equation (2.15) depends on future expected
HtM consumption EZ)EQLH. Under RE, this is not an issue, and we can continue in the
standard way. But, as already discussed in the saver problem, under SE, we need to
characterize future expected internal variables as a function of prices. For the saver,
we heavily relied on the consumption Euler equation, which allowed us to characterize
the SE wealth effect and thereby solve the model. In contrast to the saver, this is not
possible for the HtM agent as the consumption Euler equation is not binding.
It is possible to characterize the future expected HtM consumption using the HtM budget

constraint at £+ 1 in which we did not substitute for the market clearing conditions:

1 e . . ~
(Cgs "'n];swssa/@)EfE?—f—l = (ngswss * (; +1)— T)Etwwl + QSsth¢(Efqt+l +tht+1)

— B qsshl p(BeFrsn + G +?Lt) — qsshh, <5Ef§t+1 +Efﬁ?+1 —(1- 5)%1) (2.16)
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However, this equation in turn depends on future expected housing choices of the HtM
Efﬁéﬁrl, which again depends on Ef@?H. To solve this model, we therefore propose a

method relying on lag polynomial factorization as outlined in Proposition (1).

Proposition 1 (Expected HtM consumption under Subjective Expectations). For any
s>1, the HtM budget constraint and the HtM housing Euler/demand equation can be

presented in the following lag polynomial formulation:
@(L)Efeﬁrs = EtZt-i-s + Q(L)Ef@-i-s

Where (L) and Q(L) are lag polynomials of order two. EyZy+ s is a function of the prices
over which the agent holds rational expectations. The solution of the lag polynomials
yields the roots:

1 = 1072727%‘3 and 9 :=c/(av1).

Where a,b,c are the coefficients in (IL). Further, the roots are real valued and 0 <~y <1

and vo > 1. Expected future consumption is therefore given by:

a s+n—1 R
EFel = (e + 37" S [(0)/c (BeZess—rrn + QUUE] Ges—iin)
¢ n>0 k=0
Proof. See Appendix (2.D). O

Proposition (1) illustrates that for any period ¢+ s and s > 1 we can derive a repre-
sentation of future expected HtM consumption that only depends on current HtM con-
sumption ¢, future expected prices the households have rational expectations about,
E¢Z;s—kin, and expectations about house prices EF G s r4n. Hence, we can derive a
formulation of expected HtM consumption that only depends on current internal and
expected external variables. Finally, the HtM choices are characterized by the HtM
budget constraint at ¢ and ¢+ 1, the HtM housing Euler/demand equation at ¢ and ¢+1,
as well as the HtM consumption expectations formulation derived in Proposition (1) at
t+2 (s=2).

House price dynamics. We begin once again by examining the dynamics of house
prices as depicted in Figure (2.3.7). Under SE, house price fluctuations are substantially
amplified relative to RE. This amplification is primarily driven by the dynamics of house
price expectations. These findings closely resemble the results obtained under the RANK
and TANK formulation with only the collateral channel.

121



House Price Extrapolation and Business Cycles: A Two-Agent New Keynesian
Approach

Figure 2.3.7: House price response to MP shock, decomposition

(a) RE model (b) SE model
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Notes: Responses to contractionary MP shock (25 bp) in SE model. The real rate path is the
same in the RE and SE model.

Output dynamics. Turning to the dynamics of output, the decomposition is pre-
sented in equation (2.17). In contrast to previous specifications, this decomposition now
includes a fire-sale channel. Analogous to the decomposition of HtM consumption, hous-
ing sales by HtM households can serve as a stabilizing force for aggregate output. The
intuition is that the HtM will use the proceeds of the sale to consume, which eventually

stabilizes output.

G0 = X142 + 8%+ X3 @+ ) = XE Fo G+ hiy) = X300 + by — (1= 0)hj—y) (2.17)

Collateral(¢) fire sales(h)

The output decomposition is shown in Figure (2.3.8). As before in the SE model, the
output response is largely amplified. Similarly, in the SE model, this amplification is
driven by housing investment while saver consumption is relatively muted. Further,
under RE saver consumption dominates housing investment as already discussed above.
The collateral channel, as before, operates only in the short term. Relative to the output
response, it only plays a minor role under SE but a larger role under RE.

Turning to the fire sale channel, under RE, HtM households sell housing in order to
stabilize consumption, thereby contributing to the stabilization of aggregate output.

Moreover, the stronger impact of the collateral channel can also be attributed, at least
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in part, to these housing sales, which tighten borrowing constraints. Under SE the
opposite is the case, the HtM buy housing, exerting downward pressure on output, but
stabilizing house prices. In both cases, under RE and SE, the effect is relatively short-

lived but relative to the output response sizable.

Figure 2.3.8: Output response to MP shock, decomposition
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Notes: Responses to contractionary MP shock (25 bp) in SE model. The real rate path is the
same in the RE and SE model.

The dynamics of the fire sale channel in the SE model seem surprising. One would expect
the HtM, who have a high marginal propensity to consume (MPC), to sell housing in
order to stabilize consumption and not the opposite. Based on equation (2.15), this
type of behavior could be explained through one of the following dynamics: First, real
rates strongly decrease, which we can rule out. Second, accounting for their relative
coefficients, house price expectations react by less than the current house price. Third,
again accounting for the relative coefficients, HtM consumption expectations drop by
more than the current HtM consumption. The latter turns out to be the main driving
force.

Figure (2.3.9) plots the consumption expectations one and two periods ahead. While
under RE, the drop in both expectations is relatively small, under SE the drop is large
for the t+ 1 expectations, but almost increases by a factor of four for expectations about
t+2. This sharp decline in future expected consumption leads HtM households to buy

housing to mitigate future consumption losses.
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Figure 2.3.9: HtM consumption expectations in response to MP shock
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Notes: Responses to contractionary MP shock (25 bp) in SE model. The real rate path is the
same in the RE and SE model.

This raises the question of why HtM households’ consumption expectations exhibit such
pronounced sensitivity. Recall that Proposition (1) is used to derive Ef@iﬂrz, where
the representation explicitly incorporates rational expectations about future wages, as
captured by the term E;Z; s k1. Given the MPCs characteristic of HtM households,
their consumption is highly responsive to fluctuations in income, both in realized and
expected terms. As demonstrated in Appendix (2.D), the expression for ET'¢}, , includes
an infinite sum of rational expectations over future wages embedded in the E;Z; 4 g1n
component. Due to the structure of the HtM environment, future wages receive sub-
stantial weight in this summation, thereby amplifying the sensitivity of consumption
expectations.

To mitigate this excessive sensitivity, one could consider model extensions in which wage
dynamics are less volatile, agents hold SE over future income, or additional constraints,

such as payment-to-income limits.

Finally, we want to return to the notion of fire sales. In the SE model, it is theoretically
possible to generate this phenomenon. To understand whether they occur in our example,
we plot the HtM net purchases of housing in panel (a) of Figure (2.3.10). It shows the
housing stock net of depreciation of the HtM, i.e., if it is positive, the HtM purchase
housing relative to the steady state. Panel (b) plots the house prices, and for the SE

model, the fundamental house prices. This is the house price that would arise if the
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value of housing is evaluated using the actual laws of motion, contrary to the perceived
laws of motion.

Within this framework, a fire sale arises when HtM households engage in housing sales
while the actual house price lies below its fundamental value. Turning to the figure,
we observe that in the initial period under SE, HtM households purchase housing, de-
spite the fundamental price being lower than the prevailing market price. This implies
that HtM households are acquiring housing at overvalued prices. After approximately
three periods, the behavior reverses: HtM households begin to sell housing while the
fundamental price exceeds the actual price. It is during these periods that fire sales

materialize, as housing is sold at a discount relative to its fundamental valuation.

Figure 2.3.10: Fire sales in response to MP shock
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Notes: Responses to contractionary MP shock (25 bp) in SE model. The real rate path is the
same in the RE and SE model.

2.4 Conclusion

In this paper, we investigate the interaction between housing and business cycles within
a tractable heterogeneous agent New Keynesian model with extrapolative house price
beliefs. In this model, the interaction between housing and business cycles can be broken
down into consumption, housing investment, collateral effects, and fire sales. We show
that in the SE model, output is much more volatile, which is largely driven by residential

investment. Under RE, consumption dominates housing investment in every model type
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we investigate. Finally, we propose a new method on how to solve TANK models with

housing trade under extrapolative house price beliefs.

126



Appendix

2.A  Proof of Lemma (3)

Agents apply the optimal Bayesian filter, i.e. the Kalman filter, to arrive at the observ-

able system:4

In g4l _ olnmy +1néyq

qt

2 2, 2
Inm; = olnmy_1 — % +g- <ln€t+ e ;JU>

2420 is the stead Kal
Troliol 18 the steady state Kalman

filter gain, 02 = 3[—02+4 /ol +40202] is the steady state Kalman filter uncertainty, and

where In7; := EJ (Inm;) is the posterior mean, g =

Iné; is perceived to be a white noise process.
To avoid simultaneity in the house price we modify the belief setup following Adam,
Marcet, and Beutel (2017).1®> We obtain the same observable system but with lagged

information being used in the posterior mean updating equation:

2 2
Inm; = (0—g) <lnmt1 — 0”) +g (hlqt_l + Ue) : (2.18)

2 qt—2

H4We assume agents’ prior variance equals the steady state Kalman variance.

154, appears twice: in the forecast equation, and in the Kalman-updating Equation through Ine;.
Since g; depends on 7, but the latter also depends on the former, it is not assured that at any
point an equilibrium asset price exists and whether it is unique. See Adam, Marcet, and Beutel
(2017) for the details. The idea of the modification is to alter agents’ perceived information setup
in that they observe each period one component of the lagged transitory price growth.
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Under this formulation, the posterior mean is pre-determined. We may now derive the

posterior mean on the s > 0 periods ahead of price:

_ s 1 _s\2
E i1 s = qs - exp (lnmt . Q% + 502 (gllfgg) ) cexp(V), Vxo? (2.19)

This completes the proof.

2.B Equilibrium equations saver block under SE

The saver’s decisions at an arbitrary calendar date ¢ up to first order around the deter-

ministic steady state is:

(h) E B _g% nzlEt{?H-n}—BéanlEt{?t-&-rwl}
t— 7y 1-3

—La+ %%Qﬁ”btﬂL IR e,
(n)  ng+oc =y,

() & =—2 Effirn}+E e,

n>1

(2.20)

%)

(@) G =1-n),

For notational ease, we have dropped the superscript s in the savers’ choices. The SE

wealth effect is given by,
~ (5QSshss/V ~ = 0 1-Bol—p—61—-p5 :|
£ € Css+0'/90'nsswss+5QSshssa/V |:Qt+mt 1_Q< * 1-p 1-Be 0 >
> 0V5.02€ (0.1)

Yss 1-3 e " i} R
" : Ee{zfy ) +bit1] -
CSS+0—/§0'n55w88+6q53h550/y B [;ﬁ t{ t+n} t+1

And we have defined the following auxiliary variables and assumed that the savers’

transfers are zero outside of the steady state:

T N N I I (ZFWE C ) Loy

ySS ySS ySS
1 ~ 51 ~
B* — go nZlEt+5{rt+5+"}7BE Z7L21Et+5{rt+s+n+l}
t+s T T U 1-3 R
o N | PN
Cips = =5 O Bers{Trasin}
n>1
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2.C Definition of coefficients for decompositions

In this section, we define the coefficients in the consumption and output decompositions.
The decompositions are derived by substituting the labor supply equation, goods-, and
labor market clearing into the budget constraint of the HtM and solving for consumption.
All coefficients, for consumption and output, are positive under our calibration. The

definitions for coefficients in the consumption decompositions are given by:

d
c T
Xi = (14 @(ngwss = ) (9 +Ys50) /(9 + 0)

d
.
X% = (1 - @(ngswss - 7)(1 - )‘)ngs
14

Xg - sOTQSS SS(ZS
14
chl = @QSS ?3‘?//88
¥
Xg = (qusshI;s

The definitions for coefficients in the output decompositions are given by:

1-\ L.
XllJ = \ /(YssA t— X1)
Y -1 h Td -1 c
X2 = ()‘ - (nsswss - 7)()00-—’—0’)( ss/(yss)‘ - Xl)

C

Az
X4 = X5/ (WssA ™" = X5)
X4 = X4/ (YssA ™" = x9)
XE = X5/ (WssA ™" = X5)

2.D Proof of Proposition (1)

‘We have that for s > 1:

Epht-;-s =o(l- Qb) (/8 #(1 5A))Efaﬁ+s+1
— (1= $BY)EL Grps + BEL Grysir — (1 — BY)EiFrpsin
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1 ¢ . N ~
(Cgs + n’;stso—/(P)Ef/c\?—&-s = (n’;swss * (; + 1) - 7)Etwt+s + qssh?s¢(Efqt+S +tht+8)

— B qssh ! O(BiFr s s + ET Grrs 1 +Efﬁt+371) gssh? (5Et Qt+s +EZ’E,’5‘+S—(1—5)EZ’E?+S_1)

Plugging the housing demand equation into the HTM budget, rearranging, and express-

ing in terms of the lag operator yields:

[y 4 nlwsso /0 + qoshl i~ o (1= 6)2 + (B = 6) (1= B2)(1 -5 — 6/8))
— ushl 7 (1= @) (B — ) (1= B! — gushl 7~ (1 — 6 — ¢/8)(1 — L] EF e, , =

]

(ngswss * (; + 1) - T)Et@t-i-s
—qsshlisd (7 7T (1= B2 (1= 6= 6/8) ) Evfrss + gsshltydr ™ (1= 9)(1 = B)EiFist1
+aushly [0 =3+ 7 {(1 =) (1 - 68%) +B(1 =0 —/B)}

+{0/B+771 (1= B29)(1— 6 — ¢/B)YL— 7 B(1 - $)L7 | EF Giv s
Hence, the equation has the following form:

o(L)ETE!, , =EiZys + Q(L)ET Gis

We can now define:

0:C—C:z— —az+b—cz™!

a:=qsshlv (1= —/B)(1-¢)
b= ¢y +nlwsso /o +asshiv o (1= ) + (8- ¢)(1 - %) (1 -5 —¢/5))
ci=gushl v o (1-¢)(B—¢)(1- %)

EiZi1s = XTEiWes — X5EiTt4s + X3EiT4 541

Q:C—C:z— gy hh, [XT + x5z — Xg”zfl]

The polynomial z — —p(z)z has the roots

~yq = b=vbi—dac ”32_4“ and y2 :=c/(ay1).
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One can show that b? —4ac > 0 and therefore the roots are real valued. Also, given

realistic calibrations of the model, 0 < vy} < 1 and 3 > 1. Now we can factorize:

—p(2)z=c(l—2z/m1)(1-z-(an)/c)

so that
p(z) =c/m(l—z""n)(1—z-(am)/c)

And we finally get:

p~(2) =m/c (vazs) (Z((a’h)/C)szs)

s>0 s>0

Now we can apply this to our expected consumption formulation

p(L)Efé\?—ks = EtZtJrs + Q(L)Efaﬂrs

C _ a C _ ~
= (L EPe = SR (=L P ey + B+ QLB Gt
P~h AV \sh ns+n71 k P~
== B¢y, = (T) Y D [@n)/e (BeZigs—prn + QL)E] Gy s—ktn)
n>0 k=0

Finally, the following system of equations determines the choices of the HTM agent:

vhi = o(1—¢)e) — (oS — (1 —ﬁA))EZ’dﬁl — (1= ¢B%)G + BEL Ge1 — d(1 — B2)EyTrsa

VET R, = o(1 - )EF e, — (08— ¢(1— B2))ET e, ,

— (1= ¢B2)EL Goy1 + BET Giyo — ¢(1 — B2)EyFrin
= X§T+X5T X5 @+ ) = X5 P+ @1+ hu1) — XE(OG + A — (1= 8)R )

d

1 T ~ . ~
(C?s +n?5wssff/90)EfE?+1 = (n?swss * (; +1)— 7)Etwt+1 + qsshi’sqb(Efqm +]tht+1)

- B_IQSSthQZ)(Et?tJrl + at +Et) - QSsth (5Efat+l + Ef/ﬁ?—&-l - (1 - 6)};1}:)

n+1
a n .
EPe} s = (%)25? > > [(a71)/]* (Bt Ziro—pn + QL)ET Goroiin)
n>0 k=0
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Now first derive >, 077 S [(a71) /<) Bt Zsso—toinm

For n = 0: EtZH_Q + EtZt+1
Forn=1: v (EtZt+3 + Ry Zyq0 + (%)QEtZtH)
ay1

For n=2: 1 (EtZt+4+ MR, Ziy3+ () Ee Zyyo + (21) EtZtH)

Hence, we get

am a’Yl
XY ()" XxEeZip1+ > ()" xEiZipa+m Z’h SN By Zys .
n>0 n>0 ¢ >0 ¢

And finally, we get:

n+1 am a")/2
2 :’71 § : an /C] EtZH—Q k+n —EtZt"‘i(l— ?1)_1EtZt+1
n>0 k=0

5 5 a’)’% -1
EiZy =nEiZip +(1— ?) EiZii2

Now consider 3,571 Srtg [(a1) /¢ QUL)EF Gook

Note that EF G s = G + 111Q;

m¢. So we have:

n+1
>t [an) /el aushly [(6—8)+77 (14 (1-6)B)
n>0 k=0

—(B7' o+ (1 =)L =7 AL |E o ki

We therefore get:

n+1
Z’Yl Z am /C] Qss SS[XT—XEH—X?}@
n>0 k=0
n+1
+ Z% Z am /c] ss Ssl—gg [x’f‘ — x5 —X?}ﬁ%
n>0 k=0
n+1
- Z 71 Z ale /C] Gss 5517% [XT927k+” _ Xglglkarn - Xgng3fk+n} 7”7%
n>0 k=0
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First, one can show that

n+1
1
ST @) /e =D x> [(am) /]
n>0 k=0 n>0 n>0 1 711_371/C

Further, we have that

n+1
SO Y lam) /el qushl 1 [XT 0T — xR — | =
n>0 k=0

asshlis 25 { [(amn) /e] DAt [(an) fe]™ [xTo! = x5 0” — X'

n>0
+ 3 [a) /)" x Y orle! x [x'e — x5 et = x5'e’] } =
n>0 >0
Gush : + ) X e? - xge! = xie?])
ssltss1—p 01— a’y%/c 1_Q'Yl co Xl X2 X3

Therefore, we finally have that:

+1
515 (/e QI s —
n>0 k=0
1 —171 1 —iyl/chsh?s A8 =
1 —171 1 —;71/cqsshgslfg {XT —X2 — X?}m
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